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Hear What Authors and Advisors of Classroom 
Mathematics California Have to Say

“Because routines are 
meant to be repeated, 

they are effective vehicles 
for developing new habits. 

Thus, teachers can lean 
into instructional routines 

to more easily develop 
new teaching practices 

in alignment with the 
California framework.”

—Grace Kelemanik

“Universal Design for 
Learning support in 

Classroom Mathematics 
California serves as a 

process that can be used 
to design mathematics 

learning environments that 
are both accessible and 

challenging for all learners.“
—Cathery Yeh

“This program was designed with 
explicit, intentional supports that 
make content more accessible 

and meaningful for culturally and 
linguistically diverse learners. We 

want learners to see themselves in the 
curriculum, helping them strengthen 

their mathematical identities.”
—Mark Ellis

“Teachers make hundreds of decisions 
per hour in the classroom, often 

related to the flow and logistics of a 
lesson. Instructional routines hold the 
flow of the lesson steady and shift the 

focus of teachers’ decision making 
so that they can be responsive to 

students’ thinking in the moment and 
provide access and support to each 

and every student.”
—Amy Lucenta

“Students connect with 
mathematics on a deeper 
level when they explore its 
applications in real-world 
contexts, discovering its 
relevance and power in 

everyday life.”
—Gladis Kersaint

“



© 2025 Curriculum Associates, LLC. All rights reserved. | 11/25 3.5K | 3275034     3

Bringing the California 
Framework to Life
Designed to support the implementation of the California framework, Classroom Mathematics California empowers 
educators with comprehensive resources and innovative strategies that bring the framework’s core principles to life, 
ensuring students not only grasp mathematics concepts but also develop genuine excitement to learn mathematics. 
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Connect Mathematical Concepts 
across Lessons and Units
The instructional design in Classroom Mathematics California aligns with the California 
framework’s emphasis on mathematical ideas as connected and interrelated, rather than 
as a series of discrete topics.

Explore  
Session

Develop 
Sessions Refine

Session

•	 Prioritize critical 
prerequisite skills

•	 Accelerate access to 
grade-level content 

•	 Address the rigor of the California 
standards

•	 Build conceptual understanding through  
multiple-day Develop sessions 

•	 Practice new skills and apply new learning

•	 Strengthen grade-
level practice and 
differentiation with  
built-in practice time

•	 Reflect and connect  
with Big Ideas 

Day 1 Day 2 Day 3 Day 4 Day 5

One to Three Develop Sessions in Each Lesson 

The Multiple-Day Lesson Structure
The multiple-day lesson structure provides time for California 
students to develop deep understanding and make connections 
that extend across the lessons in a unit to build Big Ideas. 

Big Ideas Develop across the Multiple-Day Lesson Structure

~30 lessons in the year 
with dedicated time for 
Big Idea connections!
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Multiplication and Division
Concepts, Relationships, and Patterns 

Unit Opener   93

Big Ideas Organizer   94

STEM Stories Spotlight on William “Bill” Hewlett SMP 1   96

Build Your Vocabulary   98

Lesson 4   Understand the Meaning of Multiplication   99
 3.OA.1 | SMP 2, 3, 7

Lesson 5   Multiply with 0, 1, 2, 5, and 10   111
 3.OA.3, 3.OA.5, 3.OA.7 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 6   Multiply with 3, 4, and 6   133
 3.OA.3, 3.OA.5, 3.OA.7 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 7   Multiply with 7, 8, and 9   161
 3.OA.3, 3.OA.5, 3.OA.7 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 8   Use Order and Grouping to Multiply   189
 3.OA.5 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 9   Use Place Value to Multiply   217
 3.NBT.3 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 10   Understand the Meaning of Division   233
 3.OA.2 | SMP 2, 3, 7

Lesson 11   Understand How Multiplication and Division   
Are Connected   245

 3.OA.6 | SMP 2, 3, 7

Lesson 12  Multiplication and Division Facts   257
 3.OA.4, 3.OA.7 | SMP 1, 2, 3, 4, 5, 6, 7, 8

Lesson 13   Understand Patterns   279
 3.OA.9 | SMP 2, 3, 7

Self Reflection   291

Math in Action Solve Multiplication and Division Problems   292

Unit Review  300

Performance Task School Store   302

Vocabulary  303

Review & Practice   RP5

2
UNIT

PROGRAM OVERVIEW

PROGRAM 
Organization

Two Types of Lessons
Strategy Lessons
Majority of Lessons in the Program
These lessons help students make important 
connections and deepen their understanding  
while acquiring and developing mathematical  
skills and strategies. 

Understand Lessons
Occur at Key Points in the  
Instructional Sequence
Lessons that begin with the word “Understand” 
focus primarily on conceptual understanding  
and build a foundation for subsequent  
Strategy Lessons. 

End of Unit Options

• Data Investigation
• Math in Action
• Review & Reflect

LESSON

SESSIONS

Make the best use of instructional time. The lessons in Classroom Mathematics California 
span multiple days and integrate several California Common Core State Standards for 
Mathematics to help students make connections and develop a deep understanding.

UNIT

ASSESSMENT OPTIONS, pages A32–A33

END OF UNIT 
OPTIONS
END-OF-UNIT 
OPTIONS

MULTIPLE-DAY 
LESSON STRUCTURE



A Powerful Instructional Framework
The Try–Discuss–Connect instructional framework of Classroom Mathematics California seamlessly incorporates 
multiple routines and best practices into instruction while integrating language and mathematics to develop 
deeper understanding. 

TRY IT
Students make sense 

of the problem.

Students solve  
and support  

their thinking.

CONNECT IT
Students make 

connections and 
reflect on what they 

have learned.

Students apply their 
thinking to a new 

problem.

DISCUSS IT
Students share 

their thinking with 
a partner.

Students compare 
their strategies.
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Building Big Ideas
Each unit helps students organize new skills and concepts into overarching mathematical ideas.

Establish learning goals by introducing Big Ideas 
at the start of a unit. 

Key Understandings bridge the Big Idea to the 
mathematics of the unit.

The Big Ideas Organizer is used at the 
end of the lesson as teachers facilitate 
discussion that encourages students 
to find examples of Big Ideas and Key 
Understandings in the lesson. 

Students use the organizer to record 
their new understandings. 
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UNIT 4

Ratio Reasoning

Unit Skills Lesson

Compare rates to solve real-world problems. 15, 16

Use unit rates to find equivalent ratios. 16

Convert measurement units using rates. 16

Express a percent as a decimal or a fraction. 17, 18

Find a given percent of a number. 17, 18

Find what percent one number is of another number. 17, 18

Find the whole when given a part and a percent. 18

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

15, 17, 
18

Unit Overview
This unit introduces students to rates and percents. 
Students preview the skills they will be learning in 
this unit and assess what they know and do not 
know about them. Students record their progress 
after completing each lesson and reflect on their 
learning at the end of the unit.

California Big Ideas
Unit 4 Big Ideas and Key Understandings: 

• Relationships Between Variables A rate 
expresses a ratio relationship between two 
quantities. It tells you how many units of one 
quantity there are for every 1 unit of a second 
quantity. (Lesson 16)

• Model the World Ratios, rates, and unit rates can 
describe multiplicative relationships in the  
real world. (Lesson 16)

• Fraction Relationships Writing a percent as a 
fraction can be useful for understanding and 
solving percent problems. (Lessons 17–18)

• Generalizing with Multiple Representations 
Many different representations can be used to 
understand and solve percent problems.  
(Lessons 15 and 18)

Use the Big Ideas Organizer pages with students.

Support Positive Learning Habits
At the beginning of the unit, share the individual 
and social responsibility goal Persevere. At the end 
of the unit, support growth mindset by having 
students discuss the prompts and review the skills 
on the Self Reflection page. 

Academic Language Focus
The last Unit Skill is an overarching skill related to 
the academic language focus for the unit.

Use the Academic Language Focus Resources  
to model, practice, and formatively assess students’ 
progress at the end of lessons where the focus 
language skill is listed.

 Self Check
• Give students independent time to read the skills 

and check the ones they think they already have. 
• Tell students that all of the skills may be new, and 

they will be able to check off more skills over time.
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Ratio Reasoning

Unit Rates and Percent

Unit 4

Before starting this unit, check off the skills you know below. 
As you complete each lesson, see how many more skills you can check off!

I can . . . Before After

Compare rates to solve real-world problems.

Use unit rates to find equivalent ratios.

Convert measurement units using rates.

Express a percent as a decimal or a fraction.

Find a given percent of a number.

Find what percent one number is of another number.

Find the whole when given a part and a percent.

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

 Self Check

355
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UNIT 4 Big Ideas Organizer

	➤ At the end of lessons, use drawings, words, and numbers to show your thinking. 

Relationships Between Variables

Key Understanding A rate expresses a ratio relationship between two quantities. 
It tells you how many units of one quantity there are for every 1 unit of a 
second quantity.

Lesson 16

Model the World

Key Understanding Ratios, rates, and unit rates can describe multiplicative 
relationships in the real world.

Lesson 16
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Fraction Relationships

Key Understanding Writing a percent as a fraction can be useful for understanding 
and solving percent problems.

Lesson 18

Generalizing with Multiple Representations

Key Understanding Many different representations can be used to understand and 
solve percent problems.

Lesson 18
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UNIT 4

Ratio Reasoning

Unit Skills Lesson

Compare rates to solve real-world problems. 15, 16

Use unit rates to find equivalent ratios. 16

Convert measurement units using rates. 16

Express a percent as a decimal or a fraction. 17, 18

Find a given percent of a number. 17, 18

Find what percent one number is of another number. 17, 18

Find the whole when given a part and a percent. 18

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

15, 17, 
18

Unit Overview
This unit introduces students to rates and percents. 
Students preview the skills they will be learning in 
this unit and assess what they know and do not 
know about them. Students record their progress 
after completing each lesson and reflect on their 
learning at the end of the unit.

California Big Ideas
Unit 4 Big Ideas and Key Understandings: 

• Relationships Between Variables A rate 
expresses a ratio relationship between two 
quantities. It tells you how many units of one 
quantity there are for every 1 unit of a second 
quantity. (Lesson 16)

• Model the World Ratios, rates, and unit rates can 
describe multiplicative relationships in the  
real world. (Lesson 16)

• Fraction Relationships Writing a percent as a 
fraction can be useful for understanding and 
solving percent problems. (Lessons 17–18)

• Generalizing with Multiple Representations 
Many different representations can be used to 
understand and solve percent problems.  
(Lessons 15 and 18)

Use the Big Ideas Organizer pages with students.

Support Positive Learning Habits
At the beginning of the unit, share the individual 
and social responsibility goal Persevere. At the end 
of the unit, support growth mindset by having 
students discuss the prompts and review the skills 
on the Self Reflection page. 

Academic Language Focus
The last Unit Skill is an overarching skill related to 
the academic language focus for the unit.

Use the Academic Language Focus Resources  
to model, practice, and formatively assess students’ 
progress at the end of lessons where the focus 
language skill is listed.

 Self Check
• Give students independent time to read the skills 

and check the ones they think they already have. 
• Tell students that all of the skills may be new, and 

they will be able to check off more skills over time.
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Ratio Reasoning

Unit Rates and Percent

Unit 4

Before starting this unit, check off the skills you know below. 
As you complete each lesson, see how many more skills you can check off!

I can . . . Before After

Compare rates to solve real-world problems.

Use unit rates to find equivalent ratios.

Convert measurement units using rates.

Express a percent as a decimal or a fraction.

Find a given percent of a number.

Find what percent one number is of another number.

Find the whole when given a part and a percent.

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

 Self Check

355
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Big Idea Reflections and Connections
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UNIT 4

Self Reflection

Support Positive  
Learning Habits
Growth Mindset
As students review and reflect, encourage them to 
revisit the work they did in each lesson in order to 
reflect on their learning, celebrate their growth, and 
set new goals.
•  Have students revisit the skills on the Self  

Reflection page, review the Key Understandings 
on the Big Ideas Organizer, and respond to the 
Self Reflection prompts.

•  Remind students that the list of skills on the Self 
Reflection page is the same list they saw on the 
Self Check page at the beginning of the unit.

•  Discuss students’ responses to the Self Reflection 
prompts as a class.

•  Reinforce a growth mindset by telling  
students that they will continue to refine their 
understanding and build on these skills and 
concepts in future lessons and grade levels.

Individual and Social Responsibility

ASK You have worked hard to learn a lot of new 
math. When you are confused or frustrated while 
doing math, what can you do?

LISTEN FOR Students may share strategies for 
persevering that include taking a short break, 
asking for a hint to get back on track, asking a 
classmate or teacher for help, and remembering 
that it is normal for new learning to feel difficult.

ASK Students in a strong classroom community 
help each other. How did you and your classmates 
help each other when you were confused or 
frustrated while doing math?

LISTEN FOR Students may share strategies for 
persevering as part of a group that include 
encouraging each other and explaining things in 
different ways to help others understand.

MAKE CONNECTIONS
Thinking about Big Ideas helps students organize their knowledge and connect 
mathematical understandings.
• Have students return to the Big Ideas Organizer to review what they  

recorded. Revisit class anchor charts.
• Ask questions that support looking at one Big Idea across lessons.  

For example, ask: How did you see the idea of Fraction Relationships in  
Lessons 17 and 18?

• Ask questions that support making connections among Big Ideas.  
For example, ask: How did Fraction Relationships help you understand  
Generalizing with Multiple Representations?

Big Idea Reflections
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UNIT 4 Self Reflection

In this unit you learned to . . .

Skill Lesson

Compare rates to solve real-world problems. 15, 16

Use unit rates to find equivalent ratios. 16

Convert measurement units using rates. 16

Express a percent as a decimal or a fraction. 17, 18

Find a given percent of a number. 17, 18

Find what percent one number is of another number. 17, 18

Find the whole when given a part and a percent. 18

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

15, 17, 18

Think about what you have learned.

➤	Use words, numbers, and drawings.

 The most important math I learned was        because . . .1

 I could use more practice with . . .3

 The hardest thing I learned to do was        because . . .2

435
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At the end of the unit, students 
revisit the Big Idea to reinforce and 
extend their understanding during 
the Big Ideas Reflection. 

The Big Ideas Connections 
table in the Teacher’s Guide 
offers examples of the ways 
Big Ideas can be applied.

Presentation slides provide 
tailored prompts to focus 
student discussions as they 
make connections between 
the Key Understanding and 
their work in the lesson.
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UNIT 4

Self Reflection

Support Positive  
Learning Habits
Growth Mindset
As students review and reflect, encourage them to 
revisit the work they did in each lesson in order to 
reflect on their learning, celebrate their growth, and 
set new goals.
•  Have students revisit the skills on the Self  

Reflection page, review the Key Understandings 
on the Big Ideas Organizer, and respond to the 
Self Reflection prompts.

•  Remind students that the list of skills on the Self 
Reflection page is the same list they saw on the 
Self Check page at the beginning of the unit.

•  Discuss students’ responses to the Self Reflection 
prompts as a class.

•  Reinforce a growth mindset by telling  
students that they will continue to refine their 
understanding and build on these skills and 
concepts in future lessons and grade levels.

Individual and Social Responsibility

ASK You have worked hard to learn a lot of new 
math. When you are confused or frustrated while 
doing math, what can you do?

LISTEN FOR Students may share strategies for 
persevering that include taking a short break, 
asking for a hint to get back on track, asking a 
classmate or teacher for help, and remembering 
that it is normal for new learning to feel difficult.

ASK Students in a strong classroom community 
help each other. How did you and your classmates 
help each other when you were confused or 
frustrated while doing math?

LISTEN FOR Students may share strategies for 
persevering as part of a group that include 
encouraging each other and explaining things in 
different ways to help others understand.

MAKE CONNECTIONS
Thinking about Big Ideas helps students organize their knowledge and connect 
mathematical understandings.
• Have students return to the Big Ideas Organizer to review what they  

recorded. Revisit class anchor charts.
• Ask questions that support looking at one Big Idea across lessons.  

For example, ask: How did you see the idea of Fraction Relationships in  
Lessons 17 and 18?

• Ask questions that support making connections among Big Ideas.  
For example, ask: How did Fraction Relationships help you understand  
Generalizing with Multiple Representations?

Big Idea Reflections
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UNIT 4 Self Reflection

In this unit you learned to . . .

Skill Lesson

Compare rates to solve real-world problems. 15, 16

Use unit rates to find equivalent ratios. 16

Convert measurement units using rates. 16

Express a percent as a decimal or a fraction. 17, 18

Find a given percent of a number. 17, 18

Find what percent one number is of another number. 17, 18

Find the whole when given a part and a percent. 18

Describe how models represent rates and percents by connecting parts of the 
models with the quantities being compared.

15, 17, 18

Think about what you have learned.

➤	Use words, numbers, and drawings.

 The most important math I learned was        because . . .1

 I could use more practice with . . .3

 The hardest thing I learned to do was        because . . .2

435
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Continued on next page  

UNIT 4

California Big Ideas

Big Ideas Overview
At the beginning of the unit, students preview the 
Big Ideas and Key Understandings to help set 
learning intentions. At the end of each Strategy 
lesson, students make connections between a Big 
Idea and the lesson. At the end of the unit, students 
reflect upon how the Big Idea(s) appeared across  
the unit.

Beginning of Unit
Direct students to the Big Ideas Organizer page.
• As a class, read the Big Ideas and Key 

Understandings for the unit. Explain that these 
ideas will help students see how skills and 
concepts in the unit are connected to each other 
and to other mathematics.

• Tell students that new ideas and vocabulary will 
be clarified during the unit.

• Consider starting anchor charts now, if desired, so 
they are available throughout the unit.

Support Whole Class Discussion
Engage students in a discussion about the Big Ideas 
and Key Understandings with questions such as:
• Which Big Ideas and Key Understandings, if any, 

seem related to something you already know?
• What do you notice or wonder about the Big Ideas 

and Key Understandings in this unit?

Big Ideas Connections

Big Idea & Key Understanding Lesson End of Lesson Connection

Relationships Between Variables

A rate expresses a ratio relationship 
between two quantities. It tells you how 
many units of one quantity there are for 
every 1 unit of a second quantity.

16
A rate tells you how many units of one quantity there are for every 1 unit of a second 
quantity. So, if you know the second quantity, you can multiply it by the unit rate to 
find the related first quantity. Rates can also help you compare ratios.

Model the World

Ratios, rates, and unit rates can describe 
multiplicative relationships in the  
real world.

16
Unit rates are helpful for comparing prices and speeds, converting measurements, 
and adjusting recipes to make larger or smaller amounts.
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UNIT 4 Big Ideas Organizer

	➤ At the end of lessons, use drawings, words, and numbers to show your thinking. 

Relationships Between Variables

Key Understanding A rate expresses a ratio relationship between two quantities. 
It tells you how many units of one quantity there are for every 1 unit of a 
second quantity.

Lesson 16

Model the World

Key Understanding Ratios, rates, and unit rates can describe multiplicative 
relationships in the real world.

Lesson 16

356

Possible examples shown. See the Big Ideas Connections table for possible student connections.

Anica folds 8 T-shirts every 6 minutes. 
How many T-shirts can she fold in 45 minutes?

Since 8 4 6 5    8 ·· 6    , Anica folds    8 ·· 6    T-shirts per minute.

rate 45 •    8 ·· 6    5 60

unit rate

She can fold 60 shirts in 45 minutes.

Brand X:

dollars

3.25 4 5 5 0.65

$0.65 per fluid ounce

Brand Y:

dollars

6.00 4 8 5 0.75

$0.75 per fluid ounce

The unit rate for brand X is less than the unit rate for brand Y. 
This means brand X is a better buy.

fluid ounces fluid ounces
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UNIT 4 Big Ideas Organizer

	➤ At the end of lessons, use drawings, words, and numbers to show your thinking. 

Relationships Between Variables

Key Understanding A rate expresses a ratio relationship between two quantities. 
It tells you how many units of one quantity there are for every 1 unit of a 
second quantity.

Lesson 16

Model the World

Key Understanding Ratios, rates, and unit rates can describe multiplicative 
relationships in the real world.

Lesson 16
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Fraction Relationships

Key Understanding Writing a percent as a fraction can be useful for understanding 
and solving percent problems.

Lesson 18

Generalizing with Multiple Representations

Key Understanding Many different representations can be used to understand and 
solve percent problems.

Lesson 18

357

40% of 450 students

   40 ···· 100    of 450 students

   40 ···· 100    3 450 5 180

40% of 450 students is 180 students.

35% of students in the class wear glasses. 
7 students wear glasses.

Students 7 1 20

Percent (%) 35 5 100

7 students 
is 35%

20 students 
is 100%

There are 20 students in the class.

A27

Big Ideas Organizer
The Big Ideas Organizer immediately follows the Unit Opener page. At the end 
of every strategy lesson, facilitate student exploration of the Key Understanding 
of the lesson in support of making Big Ideas Connections. 

Big Ideas are identified and aligned 
for every unit and lesson throughout 
the program.  

Making Connections
Presentation slides provide tailored prompts to focus 
student discussions on making connections between 
the Key Understanding and their work in the lesson. 
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Continued on next page  

UNIT 4

California Big Ideas

Big Ideas Overview
At the beginning of the unit, students preview the 
Big Ideas and Key Understandings to help set 
learning intentions. At the end of each Strategy 
lesson, students make connections between a Big 
Idea and the lesson. At the end of the unit, students 
reflect upon how the Big Idea(s) appeared across  
the unit.

Beginning of Unit
Direct students to the Big Ideas Organizer page.
• As a class, read the Big Ideas and Key 

Understandings for the unit. Explain that these 
ideas will help students see how skills and 
concepts in the unit are connected to each other 
and to other mathematics.

• Tell students that new ideas and vocabulary will 
be clarified during the unit.

• Consider starting anchor charts now, if desired, so 
they are available throughout the unit.

Support Whole Class Discussion
Engage students in a discussion about the Big Ideas 
and Key Understandings with questions such as:
• Which Big Ideas and Key Understandings, if any, 

seem related to something you already know?
• What do you notice or wonder about the Big Ideas 

and Key Understandings in this unit?

Big Ideas Connections

Big Idea & Key Understanding Lesson End of Lesson Connection

Relationships Between Variables

A rate expresses a ratio relationship 
between two quantities. It tells you how 
many units of one quantity there are for 
every 1 unit of a second quantity.

16
A rate tells you how many units of one quantity there are for every 1 unit of a second 
quantity. So, if you know the second quantity, you can multiply it by the unit rate to 
find the related first quantity. Rates can also help you compare ratios.

Model the World

Ratios, rates, and unit rates can describe 
multiplicative relationships in the  
real world.

16
Unit rates are helpful for comparing prices and speeds, converting measurements, 
and adjusting recipes to make larger or smaller amounts.
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UNIT 4 Big Ideas Organizer

	➤ At the end of lessons, use drawings, words, and numbers to show your thinking. 

Relationships Between Variables

Key Understanding A rate expresses a ratio relationship between two quantities. 
It tells you how many units of one quantity there are for every 1 unit of a 
second quantity.

Lesson 16

Model the World

Key Understanding Ratios, rates, and unit rates can describe multiplicative 
relationships in the real world.

Lesson 16

356

Possible examples shown. See the Big Ideas Connections table for possible student connections.

Anica folds 8 T-shirts every 6 minutes. 
How many T-shirts can she fold in 45 minutes?

Since 8 4 6 5    8 ·· 6    , Anica folds    8 ·· 6    T-shirts per minute.

rate 45 •    8 ·· 6    5 60

unit rate

She can fold 60 shirts in 45 minutes.

Brand X:

dollars

3.25 4 5 5 0.65

$0.65 per fluid ounce

Brand Y:

dollars

6.00 4 8 5 0.75

$0.75 per fluid ounce

The unit rate for brand X is less than the unit rate for brand Y. 
This means brand X is a better buy.

fluid ounces fluid ounces

©Curriculum Associates, LLC    Copying is permitted.

Big Idea

Visualize Populations
Displaying sample data for two populations on the 
same scale can help you visually compare 
centers, variability, and overlap.

• LOOK BACK Find an example where you used a 
display to compare sample data for two populations.

• SHARE AND DISCUSS What types of comparisons can 
you make by graphing sample data for two populations in 
the same scale?

The Big Ideas Connections table in the  
Teacher’s Guide offers examples of the ways  
Key Understandings can be applied.

Students use the Big Ideas 
Organizer to create a record of 
their understanding that builds 
across lessons and units.

Key Understandings describe 
the ways the Big Ideas relate to 
the specific content of the unit.

ED/DSN: Knockout of Annos ok as 
shown on this page?



© 2025 Curriculum Associates, LLC. All rights reserved. | 11/25 3.5K | 32750348     

The Multiple-Day 
Lesson Structure in 
Action: Explore Session
Each lesson begins by activating students’ prior knowledge  
to build on new ideas and concepts and accelerate access to 
grade-level content. 

Explore  
Session

1 Day
1–3 Days
Develop
Sessions

1 Day
Refine
Session

Grade-Level Planning (Prerequisites) Report
Use the Grade-Level Planning (Prerequisites) report as you start 
the lesson to identify what students know, inform instruction and 
groupings, and find curated resources.

Activate and Access Prior 
Knowledge with the Try It Activity
Students are introduced to lesson concepts 
with a Try It problem they can solve using 
previously learned models and strategies that 
are relevant to the new content of the lesson.
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Previously, you learned about rates. In this lesson, you will learn 
how to use rates and unit rates to solve problems.

➤	Use what you know to try to solve the problem below.

Chloe is driving on the freeway. She is 200 miles from 

Los Angeles. Suppose she drives at a constant speed of 55 miles 

per hour. Can Chloe get to Los Angeles in less than 3    1 ·· 2    hours?

Explore Unit Rates

LESSON 16 | SESSION 1 

TRY 
IT Math Toolkit double number lines, grid paper 

Los Angeles

California

P
A

C
IFIC

 O
C

EA
N

N

S

EW

area
of detail

Speed:
55 miles
per hour

Ask: How is your 
strategy similar 
to mine? How is it 
different?

Share: My strategy 
is similar to yours 
because . . . It is 
different because . . .

DISCUSS IT

Learning Targets SMP 1, SMP 2, SMP 3, SMP 4, SMP 5, SMP 6, SMP 7, SMP 8
• Use division to find unit rates.
• Use unit rates to find equivalent ratios and compare ratios.
• Use unit rates to convert measurement units.
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Vocabulary Development 
Students use a graphic organizer 

to review a previously learned term 
that plays a key role in the upcoming 
lesson. This helps students reflect on 

concepts they know and will build 
upon throughout the lesson.

Build a Bridge to New 
Lesson Content
Look Back/Look Ahead  
prompts prepare students 
for the new content they will 
learn in the rest of the lesson.
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LESSON 16 | SESSION 1

Miles, 
a

Hours, 
b

   a ·· b    5 a 4 b

1

2

180

240 4    240 ··· 4    5 240 4 4 5 60

 Look Back Can Chloe get to Los Angeles in less than 3    1 ·· 2    hours? Explain.1

 Look Ahead Chloe’s constant speed of 55 miles per hour is a rate. The 
numerical part of the rate, 55, is called the unit rate.

a. What does the unit rate 55 tell you in this situation? 

2

b. On another trip, suppose Chloe drives at a constant speed of 60 miles per hour. 
What is Chloe’s unit rate? What does the unit rate tell you? 

c. The table shows that Chloe travels 240 miles in 
4 hours. Complete the equivalent ratios in the first 
two columns. Where do you see Chloe’s unit rate? 

d. The third column of the table shows the quotient 
of the numbers in each equivalent ratio. Complete 
the third column. What do you notice? 

 Reflect How could you use unit rates to help you identify equivalent ratios?3

CONNECT IT
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 What two rates can you write for the ratios 
shown by the double number line? What do 
they tell you?

2

Prepare for Using Unit Rates to Solve Problems

 Think about what you know about rates. Fill in each box. Use words, numbers, 
and pictures. Show as many ideas as you can.

1

LESSON 16 | SESSION 1 Name:

0Miles 150120906030

0Gallons 54321

What Is It? What I Know About It

rate

ExamplesExamples
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The Multiple-Day Lesson 
Structure in Action: 
Develop Sessions
Each lesson includes one to three Develop sessions devoted to 
helping students develop new strategies and understandings.

Develop 
Sessions

1–3 Days
1 Day

Explore
Session

1 Day
Refine
Session

Try It: Make Sense of the Problem 
and Solve and Support Your Thinking

•	 Students tap into existing knowledge to 
persevere in solving the problem.

•	 Students decide which materials to use, 
giving them agency over their learning.

•	 Teachers anticipate solutions and 
monitor as students explore strategies. 

•	 Dedicated productive struggle time to 
ensure all students have the opportunity 
to engage with rigorous tasks

•	 Engage students by centering their  
prior experience.

Language Routines Help Students 
Learn Academic Language

•	 Choose from four different Language 
Routines to help students make sense 
of the problem. 

•	 Routines are flexible and can be 
switched out as desired.
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USER GUIDE

Three Reads
Why: Three Reads helps students slow down to reason 
through the language of a problem and reflect on the 
information given before trying to solve it. This routine  
helps students interpret language without reducing 
mathematical rigor.

How: Direct students to look at the page in their Student 
Worktext or on the slide. Read the problem aloud three 
times, then follow by asking a question with a specific focus. 
Record responses if appropriate.

Read 1: Focus on comprehending the text.  
Ask: What is this problem about?

Read 2: Focus on connecting the language to the 
mathematics. Ask: What are we trying to find out?

Read 3: Focus on identifying quantities (or other 
mathematical features, such a geometric figures) and 
relationships. Ask: What are the important numbers  
(or shapes/times/etc.)? Which things go together?  
Which parts are connected?

Notice and Wonder
Why: Notice and Wonder encourages students to view and 
think about things through a mathematical lens. Because no 
response is incorrect, this routine allows students to make 
sense of a problem/image with very little pressure.

How: Present a problem or a problem display, such as 
geometric figures, a data display, expressions, or equations 
without the final question or task. Ask: 

• What do you notice?

• What do you wonder?

Record all responses without comment. Then present the 
question/task of the problem and lead a discussion about 
which of the things the students noticed and wondered 
might be relevant to the problem.

Say It Another Way
Why: This routine helps students paraphrase a word 
problem or text so they know if they have understood it.  
It provides an opportunity to self-correct or to ask for 
clarification and ensures that the class hears the problem  
or story more than once and in more than one way.

How: Students read or listen to a word problem read aloud. 

• Have one student paraphrase the text. Students who are 
listening show thumbs up/down to indicate whether the 
paraphrase is complete and accurate.

•  Invite students who show thumbs down to explain what  
is inaccurate or missing in the paraphrase they heard.  
The original speaker then revises their paraphrase.

Co-Craft Questions 
Why: A common adaptation of Three Reads, this routine 
helps students identify what makes a question mathematical. 
It also gives the teacher an opportunity to acknowledge 
students’ ability to apply the math they know to new 
situations.

How: Present a problem situation, geometric figure, or 
visual representation without a question.

• Students work with a partner or in small groups to write 
questions that could be answered using the information.

• Facilitate brainstorming and recording for younger 
students or those for whom writing is challenging.

• Students share their questions with the class before 
setting to work on the question posed in the worktext.

• Consider having students answer the questions they 
generated at a later time.

USE WITH TRY IT: Make Sense of the Problem 

ROUTINES THAT 
Empower Students

These research-based language routines help students learn to use the specialized 
academic language of mathematics. While these routines support English learners, 
they are designed to be used by all students as they access mathematical concepts 
and their growing mathematical understanding. The Teacher’s Guide and session 
slides provide recommendations for Language Routines to be used flexibly.
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Develop Using Unit Rates to Find 
Equivalent Ratios

LESSON 16 | SESSION 2 

➤	Read and try to solve the problem below.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. At this rate, how long will it take her to jog 16 laps?

TRY 
IT Math Toolkit double number lines, grid paper

Ask: How does your 
model show Ashwini’s 
rate?

Share: My model 
shows Ashwini’s  
rate . . .

DISCUSS IT
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Develop Using Unit Rates to Find Equivalent Ratios

Purpose
• Develop strategies for using unit rates to find an 

unknown quantity in an equivalent ratio.

• Recognize that you can solve ratio problems by dividing 
numbers in a ratio to find the unit rate and using the unit 
rate as a multiplier.

LESSON 16 | SESSION 2 

TRY IT SMP 1, 2, 4, 5, 6

Make Sense of the Problem
Before students work on Try It, use Three Reads to 
help them make sense of the problem. After the 
third read, have them turn to a partner and answer: 
What are the important quantities and relationships in 
the problem?

DISCUSS IT SMP 3, 6, 7, 8

Support Partner Discussion
After students work on Try It, have them respond to Discuss It with a partner. 
Listen for understanding that: 
• the given ratio of minutes to laps is 15 to 6.
• the ratio can be used to calculate the unit rate at which Ashwini jogs.
• once the unit rate is known, it can be used to determine the time it will take for 

Ashwini to jog any number of laps.

Error Alert Listen for students who use models with incorrect units for a rate, such 
as writing minutes instead of minutes per lap or writing the units in the wrong order 
compared to the quantities. As students share their strategies, encourage them to 
always include the units with the quantities to make sure the quantities are 
precisely represented.

WHY? Clarify the relationships of ratio, rate, and 
unit rate.

HOW? Explain that in math, these terms have 
precise meanings that may not be used in 
everyday language. Record as volunteers read 
aloud definitions from the Interactive Glossary, 
in the following order: ratio, rate, unit rate. 
Using $6 for 2 tickets as an example, discuss the 
differences between a ratio and a rate and then 
a rate and a unit rate. Repeat with 5 hours for 3 
movies. Post the chart for reference. 

 ELD.PI.6.4, ELD.PI.6.8

DEVELOP ACADEMIC LANGUAGE
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A B
C D

Start

Which One Doesn’t Belong?

171 9 3 15

39 2.5 42

Possible Solutions
A is the only expression that results in a whole 
number.

B is the only expression that results in a number 
less than 1.

C is the only expression that includes a decimal.

D is the only expression that is a product.

WHY? Support students’ ability to evaluate 
expressions with decimals and fractions.

CONNECT TO PRIOR KNOWLEDGESTART
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Develop Using Unit Rates to Find 
Equivalent Ratios

LESSON 16 | SESSION 2 

➤	Read and try to solve the problem below.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. At this rate, how long will it take her to jog 16 laps?

TRY 
IT Math Toolkit double number lines, grid paper

Ask: How does your 
model show Ashwini’s 
rate?

Share: My model 
shows Ashwini’s  
rate . . .

DISCUSS IT

379

Possible work: 
SAMPLE A

It will take Ashwini 40 min to jog 16 laps.

SAMPLE B

Divide the number of minutes by the number of laps to find the 
number of minutes per lap.

 15 4 6 5 2.5

Multiply the number of laps by the number of minutes per lap.

 16 3 2.5 5 40

It will take Ashwini 40 min to jog 16 laps.

2 6 16

15 405

Laps 0

0Minutes

4 3

3 8

3 8

4 3
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Three Reads
Why: Three Reads helps students slow down to reason 
through the language of a problem and reflect on the 
information given before trying to solve it. This routine  
helps students interpret language without reducing 
mathematical rigor.

How: Direct students to look at the page in their Student 
Worktext or on the slide. Read the problem aloud three 
times, then follow by asking a question with a specific focus. 
Record responses if appropriate.

Read 1: Focus on comprehending the text.  
Ask: What is this problem about?

Read 2: Focus on connecting the language to the 
mathematics. Ask: What are we trying to find out?

Read 3: Focus on identifying quantities (or other 
mathematical features, such a geometric figures) and 
relationships. Ask: What are the important numbers  
(or shapes/times/etc.)? Which things go together?  
Which parts are connected?

Notice and Wonder
Why: Notice and Wonder encourages students to view and 
think about things through a mathematical lens. Because no 
response is incorrect, this routine allows students to make 
sense of a problem/image with very little pressure.

How: Present a problem or a problem display, such as 
geometric figures, a data display, expressions, or equations 
without the final question or task. Ask: 

• What do you notice?

• What do you wonder?

Record all responses without comment. Then present the 
question/task of the problem and lead a discussion about 
which of the things the students noticed and wondered 
might be relevant to the problem.

Say It Another Way
Why: This routine helps students paraphrase a word 
problem or text so they know if they have understood it.  
It provides an opportunity to self-correct or to ask for 
clarification and ensures that the class hears the problem  
or story more than once and in more than one way.

How: Students read or listen to a word problem read aloud. 

• Have one student paraphrase the text. Students who are 
listening show thumbs up/down to indicate whether the 
paraphrase is complete and accurate.

•  Invite students who show thumbs down to explain what  
is inaccurate or missing in the paraphrase they heard.  
The original speaker then revises their paraphrase.

Co-Craft Questions 
Why: A common adaptation of Three Reads, this routine 
helps students identify what makes a question mathematical. 
It also gives the teacher an opportunity to acknowledge 
students’ ability to apply the math they know to new 
situations.

How: Present a problem situation, geometric figure, or 
visual representation without a question.

• Students work with a partner or in small groups to write 
questions that could be answered using the information.

• Facilitate brainstorming and recording for younger 
students or those for whom writing is challenging.

• Students share their questions with the class before 
setting to work on the question posed in the worktext.

• Consider having students answer the questions they 
generated at a later time.

USE WITH TRY IT: Make Sense of the Problem 

ROUTINES THAT 
Empower Students

These research-based language routines help students learn to use the specialized 
academic language of mathematics. While these routines support English learners, 
they are designed to be used by all students as they access mathematical concepts 
and their growing mathematical understanding. The Teacher’s Guide and session 
slides provide recommendations for Language Routines to be used flexibly.
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Discuss It: Share Your Thinking  
with a Partner 

•	 Students share their thinking with a 
partner to compare strategies. 

•	 Peer-to-peer discourse occurs as 
the teacher circulates to elicit student 
thinking, anticipate strategies, and 
select and sequence student solutions. 

•	 Continued student processing time to 
increase student ownership

Discuss It: As a Whole Class
•	 Students engage in whole class 

discussions, comparing and 
connecting models and strategies. 

•	 Teachers use the Ask/Listen Fors 
to guide discussion.

•	 Additional models in the Teacher’s 
Guide with Model It and Picture It 

DISCUSS IT  continued

➤	Explore different ways to understand how to use a unit rate to find 
equivalent ratios.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. It takes her 15 minutes to jog 6 laps. At this rate, how long will it 
take her to jog 16 laps?

Model It
You can use a table of equivalent ratios to solve the problem.

4 6 4 6

3 16 3 16

Laps Minutes

6 15

1 2.5

16 ?

Model It
You can find the unit rate and then use it to find equivalent ratios.

Divide the numbers in the ratio 15 : 6 to find the unit rate for minutes per lap.

   15 ·· 6    5    5 ·· 2    5 2.5minutes
laps

Multiply the number of laps by the unit rate for minutes per lap.

3 2.5

Laps Minutes

6 15

16 ?

LESSON 16 | SESSION 2

380 LESSON 16 Use Unit Rates to Solve Problems ©Curriculum Associates, LLC Copying is not permitted.
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Develop
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Select and Sequence Student Strategies
Select 2–3 samples that represent the range of 
student thinking in your classroom. Here is one 
possible order for class discussion:
• double number lines to represent the problem
• a table of equivalent ratios
• equations that show dividing the number of 

minutes, 15, by the number of laps, 6, to find the 
number of minutes per lap, and then multiplying 
the rate by 16 laps

Facilitate Whole Class Discussion
Call on students to share selected strategies.  
Review that one way to justify a solution is to try to 
convince others that the answer makes sense.

Guide students to Compare and Connect the 
representations. Allow time for students to think by 
themselves before starting the discussion.

ASK How do [student name]’s and [student name]’s 
models show Ashwini’s rate?

LISTEN FOR Representations may show the rate 
expressed as 2    1 ·· 2    (or 2.5) minutes per lap. Or, the 
model may show the rate expressed as    2 ·· 5    (or 0.4) 
lap per minute

Model It
If students presented these models, have 
students connect these models to those presented 
in class.

If no student presented at least one of these 
models, have students first analyze key features of 
the models, and then connect them to the models 
presented in class.

ASK How are the models the same? How are 
they different?

LISTEN FOR Both use tables of equivalent ratios. 
The first Model It uses a table of equivalent ratios 
of laps to minutes to solve. The second Model It 
uses an equation to first find the rate for minutes 
per lap and then displays the information in a 
table of equivalent ratios, multiplying the number 
of laps by the unit rate.

For the equivalent ratios table model, prompt 
students to explain how to find equivalent ratios.
• Why are the values in the first row divided by 6? Why 

are the values in the second row multiplied by 16?

For the equations model, prompt students to think 
about how a fraction is used to find the unit rate.
• How do you know which is the numerator and which 

is the denominator?

 Deepen Understanding
 Using Reasoning to Find and Use Unit Rates

Prompt students to look for the relationships between quantities in a ratio and use 
fractions and division to find unit rates.

ASK What fractions can you write with 6 and 15 to show unit rates in this situation? Write 
each unit rate as a decimal and explain what the unit rate means in this situation.

LISTEN FOR You can write the fractions    6 ·· 15    and    15 ·· 6    . The unit rate 0.4 means 0.4 lap per 

minute. The unit rate 2.5 means 2.5 minutes per lap.

ASK Why can you multiply 16 by a unit rate to find the minutes it takes to jog 16 laps?

LISTEN FOR The unit rate of 2.5 represents 2.5 minutes per lap. Since the number of 
minutes is unknown, you can find an equivalent ratio for 16 laps by multiplying 16 by 
the unit rate.

DIFFERENTIATION | EXTEND

SMP 8

DISCUSS IT  continued

➤	Explore different ways to understand how to use a unit rate to find 
equivalent ratios.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. It takes her 15 minutes to jog 6 laps. At this rate, how long will it 
take her to jog 16 laps?

Model It
You can use a table of equivalent ratios to solve the problem.

4 6 4 6

3 16 3 16

Laps Minutes

6 15

1 2.5

16 ?

Model It
You can find the unit rate and then use it to find equivalent ratios.

Divide the numbers in the ratio 15 : 6 to find the unit rate for minutes per lap.

   15 ·· 6    5    5 ·· 2    5 2.5minutes
laps

Multiply the number of laps by the unit rate for minutes per lap.

3 2.5

Laps Minutes

6 15

16 ?

LESSON 16 | SESSION 2

380 LESSON 16 Use Unit Rates to Solve Problems ©Curriculum Associates, LLC Copying is not permitted.
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Develop Using Unit Rates to Find Equivalent Ratios

Purpose
• Develop strategies for using unit rates to find an 

unknown quantity in an equivalent ratio.

• Recognize that you can solve ratio problems by dividing 
numbers in a ratio to find the unit rate and using the unit 
rate as a multiplier.

LESSON 16 | SESSION 2 

TRY IT SMP 1, 2, 4, 5, 6

Make Sense of the Problem
Before students work on Try It, use Three Reads to 
help them make sense of the problem. After the 
third read, have them turn to a partner and answer: 
What are the important quantities and relationships in 
the problem?

DISCUSS IT SMP 3, 6, 7, 8

Support Partner Discussion
After students work on Try It, have them respond to Discuss It with a partner. 
Listen for understanding that: 
• the given ratio of minutes to laps is 15 to 6.
• the ratio can be used to calculate the unit rate at which Ashwini jogs.
• once the unit rate is known, it can be used to determine the time it will take for 

Ashwini to jog any number of laps.

Error Alert Listen for students who use models with incorrect units for a rate, such 
as writing minutes instead of minutes per lap or writing the units in the wrong order 
compared to the quantities. As students share their strategies, encourage them to 
always include the units with the quantities to make sure the quantities are 
precisely represented.

WHY? Clarify the relationships of ratio, rate, and 
unit rate.

HOW? Explain that in math, these terms have 
precise meanings that may not be used in 
everyday language. Record as volunteers read 
aloud definitions from the Interactive Glossary, 
in the following order: ratio, rate, unit rate. 
Using $6 for 2 tickets as an example, discuss the 
differences between a ratio and a rate and then 
a rate and a unit rate. Repeat with 5 hours for 3 
movies. Post the chart for reference. 

 ELD.PI.6.4, ELD.PI.6.8

DEVELOP ACADEMIC LANGUAGE

©Curriculum Associates, LLC    Copying is permitted.

A B
C D

Start

Which One Doesn’t Belong?

171 9 3 15

39 2.5 42

Possible Solutions
A is the only expression that results in a whole 
number.

B is the only expression that results in a number 
less than 1.

C is the only expression that includes a decimal.

D is the only expression that is a product.

WHY? Support students’ ability to evaluate 
expressions with decimals and fractions.

CONNECT TO PRIOR KNOWLEDGESTART
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Develop Using Unit Rates to Find 
Equivalent Ratios

LESSON 16 | SESSION 2 

➤	Read and try to solve the problem below.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. At this rate, how long will it take her to jog 16 laps?

TRY 
IT Math Toolkit double number lines, grid paper

Ask: How does your 
model show Ashwini’s 
rate?

Share: My model 
shows Ashwini’s  
rate . . .

DISCUSS IT

379

Possible work: 
SAMPLE A

It will take Ashwini 40 min to jog 16 laps.

SAMPLE B

Divide the number of minutes by the number of laps to find the 
number of minutes per lap.

 15 4 6 5 2.5

Multiply the number of laps by the number of minutes per lap.

 16 3 2.5 5 40

It will take Ashwini 40 min to jog 16 laps.

2 6 16

15 405

Laps 0

0Minutes

4 3

3 8

3 8

4 3
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The Multiple-Day Lesson 
Structure in Action: 
Develop Sessions, Cont’d. 

Develop 
Sessions

1–3 Days
1 Day

Explore
Session

1 Day
Refine
Session

Connect It: Make Connections, 
Reflect, and Apply
Connect It helps solidify conceptual 
understanding.

During Talk About It, students discuss and 
crystalize their understanding of key ideas. 

The Reflect question emphasizes student 
choice and prepares them to apply their 
preferred strategy in the Apply It practice. 

Apply It encourages 
students to solve the 

problems flexibly 
using any strategy.

©Curriculum Associates, LLC Copying is not permitted. LESSON 16 Use Unit Rates to Solve Problems 381

➤	Use this page to deepen your understanding of using a unit rate to find 
equivalent ratios.

 Talk About It

a. Look at the table in the first Model It. Where do you see the unit rate for the 
ratio of minutes to laps? How is the unit rate found?

1

b. How can you use the unit rate to find the total number of minutes it takes 
Ashwini to run any number of laps?

 Show What You Know

 Explain how a unit rate for a given ratio relates to the unit rate of any equivalent 
ratio. Explain how you can use the unit rate to find an equivalent ratio.

2

 Reflect Think about all the models and strategies you have discussed today. 
Describe how one of them helped you better understand how to use a unit rate to 
find equivalent ratios.

3

CONNECT IT
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Develop Using Unit Rates to Find Equivalent Ratios
LESSON 16 | SESSION 2 

CONNECT IT SMP 2, 3, 4, 5

Prior to beginning Connect It, ensure all students 
understand the answer to the Try It is that it will take 
Ashwini 40 minutes to jog 16 laps.

Use some or all of problem 1 to continue the 
discussion. Students may use the space provided  
for notes.

For problems 2 and 3, have students record their 
responses. Discuss as time allows. 

Facilitate Whole Class Discussion
 Talk About It  

Tell students that these discussion prompts will 
prepare them to respond to problem 2.

For problem 1b, look for understanding that 
unit rate can be used to find the number of 
minutes it takes to jog any number of laps or 
the number of laps that can be jogged in any 
number of minutes.

ASK What is one way to find a unit rate from a 
given ratio?

LISTEN FOR Divide one quantity in the ratio 
by the other to find the unit rate.

 Show What You Know  
Look for understanding that the unit rate is the 
numerical part of a rate. It can be used to find 
equivalent ratios.

ASK How does a unit rate relate the two 
quantities in a ratio? How can a unit rate help 
you solve problems where you need to find an 
equivalent ratio?

LISTEN FOR A unit rate tells you the 
numerical part of a rate. You can multiply or 
divide by a unit rate to find a missing value of 
an equivalent ratio.

 Reflect Have all students focus on the 
strategies used to solve the Try It. If time allows, 
have students discuss their ideas with a partner.

1

2

33

 Visual Model
 Use a double number line to show using the unit rate as a constant.

If students are unsure about using the unit rate to find an unknown quantity in an equivalent 
ratio, then use this activity to show the pattern generated by a unit rate.

Materials For each pair: Activity Sheet Double Number Lines 

• Distribute the Activity Sheet. Have pairs label the top line Laps and draw tick marks 
from 1 to 22 by ones. Label the bottom line Minutes and draw tick marks in the 
same locations.

• Ask: How many minutes does it take Ashwini to jog one lap? [2.5 minutes] Have pairs 
label the first tick mark on the Minutes number line with 2.5. How many minutes will it 
take Ashwini to jog two laps? How do you know? [5 minutes; Multiply the unit rate by 2: 
2.5 3 2 5 5.] Three laps? [7.5 minutes; Multiply the unit rate by 3: 2.5 3 3 5 7.5.] Have 
pairs label the Minutes number line with 5 and 7.5.

• Ask: How can you use the unit rate to find the number of minutes it takes to jog 22 laps? 
[Multiply the unit rate by 22.]

• Extend by finding the number of minutes it takes to jog 32 laps and 40 laps.

DIFFERENTIATION | RETEACH or REINFORCE
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➤	Use this page to deepen your understanding of using a unit rate to find 
equivalent ratios.

 Talk About It

a. Look at the table in the first Model It. Where do you see the unit rate for the 
ratio of minutes to laps? How is the unit rate found?

1

b. How can you use the unit rate to find the total number of minutes it takes 
Ashwini to run any number of laps?

 Show What You Know

 Explain how a unit rate for a given ratio relates to the unit rate of any equivalent 
ratio. Explain how you can use the unit rate to find an equivalent ratio.

2

 Reflect Think about all the models and strategies you have discussed today. 
Describe how one of them helped you better understand how to use a unit rate to 
find equivalent ratios.

3

CONNECT IT

381

LISTEN FOR: the number 2.5 in the second row; divide 6 and 15 by 6 to 
find the unit rate 2.5

Equivalent ratios have the same unit rate. You can multiply or divide by the 
unit rate to find the missing quantity in an equivalent ratio.

LISTEN FOR: multiply the number of laps by the unit rate 2.5

Responses will vary. Check student responses.
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Develop Using Unit Rates to Find Equivalent Ratios
LESSON 16 | SESSION 2 

CONNECT IT SMP 2, 3, 4, 5

Prior to beginning Connect It, ensure all students 
understand the answer to the Try It is that it will take 
Ashwini 40 minutes to jog 16 laps.

Use some or all of problem 1 to continue the 
discussion. Students may use the space provided  
for notes.

For problems 2 and 3, have students record their 
responses. Discuss as time allows. 

Facilitate Whole Class Discussion
 Talk About It  

Tell students that these discussion prompts will 
prepare them to respond to problem 2.

For problem 1b, look for understanding that 
unit rate can be used to find the number of 
minutes it takes to jog any number of laps or 
the number of laps that can be jogged in any 
number of minutes.

ASK What is one way to find a unit rate from a 
given ratio?

LISTEN FOR Divide one quantity in the ratio 
by the other to find the unit rate.

 Show What You Know  
Look for understanding that the unit rate is the 
numerical part of a rate. It can be used to find 
equivalent ratios.

ASK How does a unit rate relate the two 
quantities in a ratio? How can a unit rate help 
you solve problems where you need to find an 
equivalent ratio?

LISTEN FOR A unit rate tells you the 
numerical part of a rate. You can multiply or 
divide by a unit rate to find a missing value of 
an equivalent ratio.

 Reflect Have all students focus on the 
strategies used to solve the Try It. If time allows, 
have students discuss their ideas with a partner.

1

2

33

 Visual Model
 Use a double number line to show using the unit rate as a constant.

If students are unsure about using the unit rate to find an unknown quantity in an equivalent 
ratio, then use this activity to show the pattern generated by a unit rate.

Materials For each pair: Activity Sheet Double Number Lines 

• Distribute the Activity Sheet. Have pairs label the top line Laps and draw tick marks 
from 1 to 22 by ones. Label the bottom line Minutes and draw tick marks in the 
same locations.

• Ask: How many minutes does it take Ashwini to jog one lap? [2.5 minutes] Have pairs 
label the first tick mark on the Minutes number line with 2.5. How many minutes will it 
take Ashwini to jog two laps? How do you know? [5 minutes; Multiply the unit rate by 2: 
2.5 3 2 5 5.] Three laps? [7.5 minutes; Multiply the unit rate by 3: 2.5 3 3 5 7.5.] Have 
pairs label the Minutes number line with 5 and 7.5.

• Ask: How can you use the unit rate to find the number of minutes it takes to jog 22 laps? 
[Multiply the unit rate by 22.]

• Extend by finding the number of minutes it takes to jog 32 laps and 40 laps.

DIFFERENTIATION | RETEACH or REINFORCE

©Curriculum Associates, LLC Copying is not permitted. LESSON 16 Use Unit Rates to Solve Problems 381

➤	Use this page to deepen your understanding of using a unit rate to find 
equivalent ratios.

 Talk About It

a. Look at the table in the first Model It. Where do you see the unit rate for the 
ratio of minutes to laps? How is the unit rate found?

1

b. How can you use the unit rate to find the total number of minutes it takes 
Ashwini to run any number of laps?

 Show What You Know

 Explain how a unit rate for a given ratio relates to the unit rate of any equivalent 
ratio. Explain how you can use the unit rate to find an equivalent ratio.

2

 Reflect Think about all the models and strategies you have discussed today. 
Describe how one of them helped you better understand how to use a unit rate to 
find equivalent ratios.

3

CONNECT IT

381

LISTEN FOR: the number 2.5 in the second row; divide 6 and 15 by 6 to 
find the unit rate 2.5

Equivalent ratios have the same unit rate. You can multiply or divide by the 
unit rate to find the missing quantity in an equivalent ratio.

LISTEN FOR: multiply the number of laps by the unit rate 2.5

Responses will vary. Check student responses.
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LESSON 16 | SESSION 2

Apply It

➤	Use what you learned to solve these problems.

 Alejandro buys chicken for a barbecue. At the rate shown 
in the Weekly Special, what does 7 lb of chicken cost? 
Show your work. 

4

 SOLUTION  

 Look at problem 7. How much chicken can Alejandro buy for $8? Show your work.5

 SOLUTION  

 Anica volunteers to fold T-shirts for the runners at a marathon. She folds 8 T-shirts 
every 6 minutes. At this rate, how many T-shirts does Anica fold in 45 minutes? 
Show your work. 

6

 SOLUTION  
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Develop
LESSON 16 | SESSION 2

Apply It
For all problems, encourage students to use a model 
to support their thinking. 

 Students may also use the unit rate 0.8 or    4 ·· 5    to 

find the pounds per dollar. Then they can 
divide 7 pounds by the unit rate to find 
Alejandro’s cost.

 Students may use the rate for dollars per 

pound,    5 ·· 4    or 1.25, to solve: 8 4 1.25 5 6.4.

4

5

   Students’ solutions should show an understanding of:
• the relationship between the quantities in a ratio and the unit rate.
• using the unit rate to find an unknown value in an equivalent ratio.

Error Alert If students’ solution is 33.75 or 33    3 ·· 4    , then ask them to check their
answer for reasonableness. Have them think about whether Anica folds 
more or less than 1 T-shirt per minute and whether the number of T-shirts 
folded in any number of minutes will be greater than or less than the number 
of minutes.

6

EXIT TICKETCLOSE
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LESSON 16 | SESSION 2

Apply It

➤	Use what you learned to solve these problems.

 Alejandro buys chicken for a barbecue. At the rate shown 
in the Weekly Special, what does 7 lb of chicken cost? 
Show your work. 

4

 SOLUTION  

 Look at problem 7. How much chicken can Alejandro buy for $8? Show your work.5

 SOLUTION  

 Anica volunteers to fold T-shirts for the runners at a marathon. She folds 8 T-shirts 
every 6 minutes. At this rate, how many T-shirts does Anica fold in 45 minutes? 
Show your work. 

6

 SOLUTION  
382

Possible work:

Pounds Dollars

4 5    5 ·· 4    5 1.25

7 ? 7 3 1.25 5 8.75

3 1.25

Possible work:

Since 8 4 6 5    8 ·· 6    , Anica folds    8 ·· 6    T-shirts per minute.

 45 •    8 ·· 6    5 60

Possible work:

The unit rate for pounds per dollar is    4 ·· 5    , or 0.8.

 dollars pounds per dollar

 8 3 0.8 5 6.4

7 lb of chicken costs $8.75.

Alejandro can buy 6.4 lb of chicken for $8.

Anica folds 60 T-shirts in 45 minutes.
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The Multiple-Day Lesson 
Structure in Action: 
Refine Session

Reteach, Reinforce, or Extend Learning

©Curriculum Associates, LLC Copying is not permitted. LESSON 1 Find the Area of a Parallelogram 19

LESSON 1 | SESSION 3 

➤	Complete the Example below. Then solve problems 1–9.

Refine Finding the Area of a Parallelogram

CONSIDER THIS . . .
The dot between  
the b and the h in  
the area formula is a  
multiplication symbol. 

PAIR/SHARE
Why can you use  
division to solve this  
problem? 

CONSIDER THIS . . .
The figure is made of  
two parallelograms.  

PAIR/SHARE
How would the area  
of the figure change  
if the height of each  
parallelogram were 
doubled? 

Apply It

 What is the area of the figure? Show your work.1

SOLUTION  

SOLUTION  

 A 5 b • h
288 5 24 • h
 h 5 288 4 24

b = 24 in.

A = 288 in.2 h

Example

The area of a parallelogram is 288 in.2. The base of the parallelogram 
is 24 in. What is the height of the parallelogram?

Look at how you can use a diagram and equations to show your work.

iRCM06_CA_SW_U01_L01.indd   19iRCM06_CA_SW_U01_L01.indd   19 5/15/2024   7:18:58 PM5/15/2024   7:18:58 PM

©Curriculum Associates, LLC Copying is not permitted. 380LESSON 16 Use Unit Rates to Solve Problems

Develop
LESSON 16 | SESSION 2

Select and Sequence Student Strategies
Select 2–3 samples that represent the range of 
student thinking in your classroom. Here is one 
possible order for class discussion:
• double number lines to represent the problem
• a table of equivalent ratios
• equations that show dividing the number of 

minutes, 15, by the number of laps, 6, to find the 
number of minutes per lap, and then multiplying 
the rate by 16 laps

Facilitate Whole Class Discussion
Call on students to share selected strategies.  
Review that one way to justify a solution is to try to 
convince others that the answer makes sense.

Guide students to Compare and Connect the 
representations. Allow time for students to think by 
themselves before starting the discussion.

ASK How do [student name]’s and [student name]’s 
models show Ashwini’s rate?

LISTEN FOR Representations may show the rate 
expressed as 2    1 ·· 2    (or 2.5) minutes per lap. Or, the 
model may show the rate expressed as    2 ·· 5    (or 0.4) 
lap per minute

Model It
If students presented these models, have 
students connect these models to those presented 
in class.

If no student presented at least one of these 
models, have students first analyze key features of 
the models, and then connect them to the models 
presented in class.

ASK How are the models the same? How are 
they different?

LISTEN FOR Both use tables of equivalent ratios. 
The first Model It uses a table of equivalent ratios 
of laps to minutes to solve. The second Model It 
uses an equation to first find the rate for minutes 
per lap and then displays the information in a 
table of equivalent ratios, multiplying the number 
of laps by the unit rate.

For the equivalent ratios table model, prompt 
students to explain how to find equivalent ratios.
• Why are the values in the first row divided by 6? Why 

are the values in the second row multiplied by 16?

For the equations model, prompt students to think 
about how a fraction is used to find the unit rate.
• How do you know which is the numerator and which 

is the denominator?

 Deepen Understanding
 Using Reasoning to Find and Use Unit Rates

Prompt students to look for the relationships between quantities in a ratio and use 
fractions and division to find unit rates.

ASK What fractions can you write with 6 and 15 to show unit rates in this situation? Write 
each unit rate as a decimal and explain what the unit rate means in this situation.

LISTEN FOR You can write the fractions    6 ·· 15    and    15 ·· 6    . The unit rate 0.4 means 0.4 lap per 

minute. The unit rate 2.5 means 2.5 minutes per lap.

ASK Why can you multiply 16 by a unit rate to find the minutes it takes to jog 16 laps?

LISTEN FOR The unit rate of 2.5 represents 2.5 minutes per lap. Since the number of 
minutes is unknown, you can find an equivalent ratio for 16 laps by multiplying 16 by 
the unit rate.

DIFFERENTIATION | EXTEND

SMP 8

DISCUSS IT  continued

➤	Explore different ways to understand how to use a unit rate to find 
equivalent ratios.

Ashwini jogs on the track at her school. She uses a watch to track her 
progress. It takes her 15 minutes to jog 6 laps. At this rate, how long will it 
take her to jog 16 laps?

Model It
You can use a table of equivalent ratios to solve the problem.

4 6 4 6

3 16 3 16

Laps Minutes

6 15

1 2.5

16 ?

Model It
You can find the unit rate and then use it to find equivalent ratios.

Divide the numbers in the ratio 15 : 6 to find the unit rate for minutes per lap.

   15 ·· 6    5    5 ·· 2    5 2.5minutes
laps

Multiply the number of laps by the unit rate for minutes per lap.

3 2.5

Laps Minutes

6 15

16 ?

LESSON 16 | SESSION 2

380 LESSON 16 Use Unit Rates to Solve Problems ©Curriculum Associates, LLC Copying is not permitted.

380
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Monitor students’ 
work on the Start 
activity and initial 

problem set.
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Develop Using Unit Rates to Find Equivalent Ratios
LESSON 16 | SESSION 2 

CONNECT IT SMP 2, 3, 4, 5

Prior to beginning Connect It, ensure all students 
understand the answer to the Try It is that it will take 
Ashwini 40 minutes to jog 16 laps.

Use some or all of problem 1 to continue the 
discussion. Students may use the space provided  
for notes.

For problems 2 and 3, have students record their 
responses. Discuss as time allows. 

Facilitate Whole Class Discussion
 Talk About It  

Tell students that these discussion prompts will 
prepare them to respond to problem 2.

For problem 1b, look for understanding that 
unit rate can be used to find the number of 
minutes it takes to jog any number of laps or 
the number of laps that can be jogged in any 
number of minutes.

ASK What is one way to find a unit rate from a 
given ratio?

LISTEN FOR Divide one quantity in the ratio 
by the other to find the unit rate.

 Show What You Know  
Look for understanding that the unit rate is the 
numerical part of a rate. It can be used to find 
equivalent ratios.

ASK How does a unit rate relate the two 
quantities in a ratio? How can a unit rate help 
you solve problems where you need to find an 
equivalent ratio?

LISTEN FOR A unit rate tells you the 
numerical part of a rate. You can multiply or 
divide by a unit rate to find a missing value of 
an equivalent ratio.

 Reflect Have all students focus on the 
strategies used to solve the Try It. If time allows, 
have students discuss their ideas with a partner.

1

2

33

 Visual Model
 Use a double number line to show using the unit rate as a constant.

If students are unsure about using the unit rate to find an unknown quantity in an equivalent 
ratio, then use this activity to show the pattern generated by a unit rate.

Materials For each pair: Activity Sheet Double Number Lines 

• Distribute the Activity Sheet. Have pairs label the top line Laps and draw tick marks 
from 1 to 22 by ones. Label the bottom line Minutes and draw tick marks in the 
same locations.

• Ask: How many minutes does it take Ashwini to jog one lap? [2.5 minutes] Have pairs 
label the first tick mark on the Minutes number line with 2.5. How many minutes will it 
take Ashwini to jog two laps? How do you know? [5 minutes; Multiply the unit rate by 2: 
2.5 3 2 5 5.] Three laps? [7.5 minutes; Multiply the unit rate by 3: 2.5 3 3 5 7.5.] Have 
pairs label the Minutes number line with 5 and 7.5.

• Ask: How can you use the unit rate to find the number of minutes it takes to jog 22 laps? 
[Multiply the unit rate by 22.]

• Extend by finding the number of minutes it takes to jog 32 laps and 40 laps.

DIFFERENTIATION | RETEACH or REINFORCE
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➤	Use this page to deepen your understanding of using a unit rate to find 
equivalent ratios.

 Talk About It

a. Look at the table in the first Model It. Where do you see the unit rate for the 
ratio of minutes to laps? How is the unit rate found?

1

b. How can you use the unit rate to find the total number of minutes it takes 
Ashwini to run any number of laps?

 Show What You Know

 Explain how a unit rate for a given ratio relates to the unit rate of any equivalent 
ratio. Explain how you can use the unit rate to find an equivalent ratio.

2

 Reflect Think about all the models and strategies you have discussed today. 
Describe how one of them helped you better understand how to use a unit rate to 
find equivalent ratios.

3

CONNECT IT

381

LISTEN FOR: the number 2.5 in the second row; divide 6 and 15 by 6 to 
find the unit rate 2.5

Equivalent ratios have the same unit rate. You can multiply or divide by the 
unit rate to find the missing quantity in an equivalent ratio.

LISTEN FOR: multiply the number of laps by the unit rate 2.5

Responses will vary. Check student responses.
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Approaching Proficiency: 
Provide additional support 
with the Reteach activity in 

the Teacher’s Guide.

Meeting Proficiency: 
Reinforce learning with 

additional practice problems 
in the Student Worktext.

Extending Proficiency: 
Deepen students’ 

understanding with the 
Challenge Activity in the 

Teacher’s Guide.

Provide differentiated 
options for additional 

practice and to support 
students’ needs.

Assess students’ 
understanding using the  

Error Analysis guide  
and observations of  

students’ work. 

Refine  
Session

1 Day
1–3 Days
Develop
Sessions

1 Day
Explore
Session

Give students time to refine their learning from the lesson with practice as rigorous as the 
California Assessment of Student Performance and Progress (CAASPP). Each lesson ends with 
dedicated class time to practice and apply lesson concepts and options for one-on-one or small 
group differentiation activities.
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Universal Design for Learning (UDL): 
Ensuring Classroom Equity
Classroom Mathematics California leverages the UDL Framework and embeds supports 
throughout the instructional design.

UDL Process Toolkit 
This Toolkit, found on the Teacher Toolbox, is a digital 
resource for instructional materials and supports: 

•	 A planning process that ensures access and 
equity for all students

•	 UDL features in the program to maximize full 
effectiveness

•	 Best-practice implementation

Principle 1: Design Multiple Means 
of Engagement

•	 Features like STEM Stories, Real-World 
Connections, and Connect to Culture 
offer culturally sustaining mathematical 
opportunities.

•	 Hands-On Activities, Visual Models, and 
cooperative learning routines provide 
flexible ways for students to engage with 
rigorous mathematics concepts. 

•	 End-of-unit Self Reflection encourages 
students to evaluate their leadership and 
progress toward unit goals. 
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STEM Stories

Read and Discuss

After you read the story, discuss the Reflection 
Questions about being industrious and SMP 3. 
(15 minutes)

To get the conversation started, tell students how 
much Lewis contributed to science and technology 
through his ability to draw. By blending art, 
imagination, and technical knowledge, he helped 
develop life-changing inventions, such as the light 
bulb and the telephone.

ASK What are your thoughts about Lewis and his 
story? Have students share. If students seem 
reluctant, share something you found interesting 
about Lewis’s story.

ASK What were some skills Lewis used throughout 
his life?

LISTEN FOR He used drawing skills, knowledge of 
science, and teaching skills.

ASK REFLECTION QUESTION 1 Lewis worked to 
learn new skills. When have you learned a new skill? 
Have students Raise a Hand to volunteer 
information about their own experiences. 

ASK REFLECTION QUESTION 2 When do you make 
arguments and analyze people’s reasoning? SMP 3

LISTEN FOR When I disagree with someone’s idea, 
I listen carefully to what they are saying. I also 
need to explain what I think and give reasons why 
I think my ideas make sense. I do this at home, 
when I want my family to change their minds 
about a rule, and when my friends and I want to 
do different things.

Purpose
• Inspire students by engaging them in conversation 

about Lewis Latimer and his contributions to science 
and technology.

• Empower students by highlighting how they construct 
arguments and analyze the reasoning of others (SMP 3) 
in math class and their lives outside of school.

©Curriculum Associates, LLC Copying is not permitted.UNIT 3 STEM Stories276

Spotlight On ...

LLeewwiiss  LLaattiimmeerr
Lewis Latimer (1848–1928) was an inventor. He developed his 
own inventions and worked with other well-known American 
inventors. He contributed to inventions, including the 
telephone and electric lighting, that dramatically changed 
people’s lives.

Lewis Latimer was born near Boston. Before 
he was born, his parents had escaped from 
slavery. Lewis attended school as a child and 
also worked hard to learn new skills and help 
support his family.

Lewis was only 16 when he joined the Navy 
and fought for the Union during the Civil War.

After the war, Lewis 
worked as an assistant 
at a law firm specializing 
in patents. A patent says 
who owns a new 
invention. Skilled 
draftsmen used special 
tools to make mechanical 
drawings of those new 
inventions. Lewis worked 
hard to teach himself 
mechanical drawing. He 
did so well that he was 
soon a draftsman.

STEMSTEM Stories

276

STEM Stories
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LESSON 17

Overview | Understand Percents

Connect to Culture
	➤ Use these activities to connect with and leverage the diverse backgrounds 

and experiences of all students. Engage students in sharing what they 
know about contexts before you add the information given here. 

Protocols for Engagement Where in Lesson Validates

Call and Response
Teacher calls and students respond. For example, I say 
“PEACE,” you say “QUIET.”

To start class and/or bring students 
back together after breakout work

group identity, connectedness

Stand and Share
Teacher reads aloud while students follow along.

Session 2 Discuss It: Facilitate Whole 
Class Discussion

spontaneity, movement, subjectivity, 
connectedness

Give One, Get One
Students mingle to find a partner and then give an idea and 
get an idea.

Session 3 Apply It: Interpret social interaction, movement, shared 
responsibility

SESSION 2 

Model It Problems 1–2 Ask students to share the names of important 
landmarks they know of in Washington, D.C., such as the U. S. Capitol Building  
or the Lincoln Memorial. The Lincoln Memorial is made of a Greek-style temple  
and a statue of the sixteenth president of the United States, Abraham Lincoln.  
The building is 99 feet tall and about 200 feet long, and it has 44-foot columns. The 
statue was originally supposed to be smaller, but it would have been too small in 
comparison with the building. The statue ended up being 19 feet tall and portrays 
Lincoln sitting in a chair. This memorial helps us to commemorate Abraham Lincoln, 
who served as president during the American Civil War.

SESSION 3 

Apply It Problem 2 Ask students about activities or occasions they know of 
where flowers are often used. Flowers are commonly planted as bulbs in the fall so 
that they can bloom in the spring. However, some bulbs are planted in the spring 
and they flower in the summer. A bulb is a self-sustaining structure that contains  
the entire life cycle of a plant, which helps it to regrow each year.

Apply It Problem 4 Invite students who celebrate the Lunar New Year to 
describe any activities or traditions related to the holiday. The exact day of the  
Lunar New Year varies because it is based on the full moon, but it is in either January 
or February. Many countries celebrate Lunar New Year such as Singapore, Vietnam, 
and China. In China, the celebrations for the new year last 15 days. The streets are 
filled with decorations and festivities. The red lanterns are one of the decorations 
thought to bring good luck for the new year. Have students give examples of 
holidays celebrated in other countries and the unique ways in which they  
are celebrated.
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PROGRAM OVERVIEW

Program Overview

UNIVERSAL DESIGN FOR LEARNING (UDL)

Our Commitment to
Equity and Engagement
All students bring assets, funds of knowledge, and variability to their learning. Classroom 
Mathematics California embraces the UDL Process and Principles to remove barriers to learning 
so that all children have opportunities to succeed and see themselves as mathematicians.

UDL Process 
TOOLKIT

Teach, 
Reflect, 
Revise

Make a Plan  
to Ensure 

Access and 
Rigor for All

Consider the 
Math Focus

Consider 
Students

Identify  
Potential Barriers 

to Achieving  
Math Goals 

Identify 
Relevant 
Supports

Helps teachers further integrate UDL’s dynamic framework to design inclusive 
learning experiences, leverage student assets, and foster a sense of belonging.

UDL
PROCESS FOR
MATHEMATICS
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Principle 2: Design Multiple Means  
of Representation

•	 Options for language and symbols, like those 
in Picture It and Model It, are used in class 
discussion to support understanding. 

•	 Comprehension options include leveraging 
unitwide Big Ideas, activating prior knowledge, 
and encouraging sensemaking in problem 
solving. 

•	 Manipulatives and digital accessibility features, 
such as the Student Bookshelf and Interactive 
Practice, reduce learning barriers. 

Principle 3: Design Multiple Means 
of Action and Expression

•	 Expression and communication options, 
like mathematical manipulatives and 
virtual tools, enable students to show their 
knowledge and skills. 

•	 Problems like Try It empower students to 
see there are many ways to solve a problem.

•	 Options for interaction like keyboard 
navigation and digital components enable 
all students to participate.

Graphing Calculator Tool

©Curriculum Associates, LLC Copying is not permitted.58 LESSON 3 Use Nets to Find Surface Area

LESSON 3 | SESSION 3

Picture It
You can draw a net to help you find the surface area of a three‑dimensional figure. 

The ramp has two triangular bases and three rectangular faces. Label the net with the 
dimensions from the triangular prism.

3 ft

4 ft

5 ft

6 ft

 

6 ft

4 ft

5 ft3 ft

Model It
You can write an expression to find the surface area  
of a three‑dimensional figure.

Use area formulas to write an expression for  
the sum of the areas of the faces.

    1 ·· 2   (4 • 3) 1    1 ·· 2   (4 • 3) 1 (3 • 6) 1 (4 • 6) 1 (5 • 6)

 2  1   1 ·· 2   2  (4 • 3) 1 6(3 1 4 1 5)

DISCUSS IT  continued

➤	Explore different ways to find the surface area of a three-dimensional figure.

After visiting the skate park in Arcata, California, 
Oliver decides to build his own ramp with plywood. 
Three sides of the ramp are rectangles. How many 
square feet of plywood does Oliver need to build 
the ramp?

3 ft

4 ft

6 ft

5 ft
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PROGRAM OVERVIEW

Program Overview

DATA Science
Classroom Mathematics California provides opportunities for students to 
build data literacy and develop data science skills in every strategy lesson 
and unit throughout the school year. Working with authentic real-world 
data, relevant, engaging topics, and a variety of data presentations, 
students strengthen their ability to work with and understand data. 

Data Talks
Data Talks are Lesson Starts that represent 
an easy-to-implement, engaging approach 
to Data Science. Once per lesson, these  
5–10 minute activities provide students with 
opportunities to explore data, develop data 
literacy, and apply grade-level mathematics.  

Data Talks reflect the variety of data  
displays that students may see in school  
and in the world around them, including:

• familiar graphs in grade appropriate formats

• novel or innovative graphs

Students explore, make observations,  
interpret, and critique data displays. 
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Purpose
• Develop strategies for using properties of exponents to 

generate expressions equivalent to numerical 
expressions involving zero and negative exponents.

• Recognize that the properties of exponents hold true for 
powers with zero and negative exponents.

Develop Applying Properties of Integer Exponents
LESSON 20 | SESSION 3 

Make Sense of the Problem
Before students work on Try It, use Notice and 
Wonder to help them make sense of the problem. 
Emphasize the responses that are relevant to 
evaluating the expression.

TRY IT SMP 1, 2, 4, 5, 6

WHY? Reinforce the meaning of so and so that to 
indicate a purpose in mathematical expressions.

HOW? Explain that so and so that are used before 
a phrase that tells what your purpose for doing 
something is — they signal that you will find out 
why. Have students find so in the second Model 
It. Say: So and so that have the same meaning. So 
is informal. So that is more formal. Have students 
use so or so that to introduce a purpose to their 
ideas in Apply It problem 5. Provide:

• I rewrote    [so/so that]    .

 ELD.PI.8.4, ELD.PII.8.5

DEVELOP ACADEMIC LANGUAGE

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• Why did you decide to do that step first?
• How do you know that the value is positive?
• Is there a different way you could have started evaluating the expression?

Error Alert Be aware that some students may get the correct answer with incorrect 
work. For example, some students may rewrite the expression in the parentheses as 
31 by dividing the bases and subtracting the exponents of the expression. You can use 

a simpler expression such as    
822

 ··· 222    to show that this strategy does not always work 

  1   1 ·· 16   Þ 1 2  . Then ask these students what must be true about the bases to rewrite a

quotient of powers as a single power. Students should recall that the bases must be 
the same. The result is a single power with the same base and an exponent equal to 
the difference of the exponents.

DISCUSS IT SMP 3, 6, 7, 8

LESSON 20 | SESSION 3 | DEVELOP ©Curriculum Associates, LLC Copying is permitted.

0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

Data Source: U.S. Environmental Protection Agency

pH Scale

Background
A solution’s pH value tells whether it is neutral, 
acidic, or basic. Pure water is neutral with a pH 
value of 7. Each change in the pH value is 
tenfold, so 4 on the pH scale is 10 times more 
acidic than 5 and 100 times more acidic than 6. 

WHY? Support students in using their  
understanding of exponent properties to  
interpret a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder. 
See Slide Notes.
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➤	Read and try to solve the problem below.

Adriana and Katrina are evaluating the expression shown. 
Adriana thinks that the value is between 0 and 1. Katrina 
thinks that the value is greater than 1. 

Evaluate the expression. Who is correct?

Develop Applying Properties of Integer Exponents

LESSON 20 | SESSION 3 

TRY 
IT

8122

2723( (  5
I think the 

value is between 
0 and 1.

I think the 
value is greater 

than 1.

DISCUSS IT

Ask: What was your 
first step?

Share: The first thing 
I did was . . . 

501

Possible work:

SAMPLE A

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   27 • 27 • 27 ········· 81 • 81   2  
5

 5   1   27 • 27 • 27 ·············  (27 • 3) • (27 • 3)   2  
5

 5   1   27 ····· (3 • 3)   2  
5

 5   1   27 ··· 9   2  
5

 5 35

 5 243

Katrina is correct.

SAMPLE B

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   19,683 ······ 6,561   2  
5

 5 35

 5 243

Katrina is correct.

Start Data Talk

©Curriculum Associates, LLC Copying is permitted.

0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7 

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Data Talk displays are available in the back of the Student Worktext, and the series of Data Talk 
slides are available on the Teacher Toolbox     as part of the lesson presentation slides.

Start Data Talk
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Start Data Talk
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0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7 

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Look at the data display  
on the next slide.

What do you notice?

What do you wonder?

Data TalkStart

Inspire Curiosity with Engaging 
Data Experiences
Develop data literacy through engaging, real-world activities that enable 
students to apply and strengthen grade-level mathematics.  

Data Talks
•	 The content of the lesson ties directly to 

Data Talks, five- to 10-minute activities 
during which students explore data, 
develop data literacy, and apply skills to 
grade-level content.

•	 Students work with data graphs, charts, 
maps, and plots to interpret trends, make 
observations, and critique displays.

Data Talk slides are 
provided to prompt 

student discourse at the 
beginning of the lesson. 
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Purpose
• Develop strategies for using properties of exponents to 

generate expressions equivalent to numerical 
expressions involving zero and negative exponents.

• Recognize that the properties of exponents hold true for 
powers with zero and negative exponents.

Develop Applying Properties of Integer Exponents
LESSON 20 | SESSION 3 

Make Sense of the Problem
Before students work on Try It, use Notice and 
Wonder to help them make sense of the problem. 
Emphasize the responses that are relevant to 
evaluating the expression.

TRY IT SMP 1, 2, 4, 5, 6

WHY? Reinforce the meaning of so and so that to 
indicate a purpose in mathematical expressions.

HOW? Explain that so and so that are used before 
a phrase that tells what your purpose for doing 
something is — they signal that you will find out 
why. Have students find so in the second Model 
It. Say: So and so that have the same meaning. So 
is informal. So that is more formal. Have students 
use so or so that to introduce a purpose to their 
ideas in Apply It problem 5. Provide:

• I rewrote    [so/so that]    .

 ELD.PI.8.4, ELD.PII.8.5

DEVELOP ACADEMIC LANGUAGE

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• Why did you decide to do that step first?
• How do you know that the value is positive?
• Is there a different way you could have started evaluating the expression?

Error Alert Be aware that some students may get the correct answer with incorrect 
work. For example, some students may rewrite the expression in the parentheses as 
31 by dividing the bases and subtracting the exponents of the expression. You can use 

a simpler expression such as    
822

 ··· 222    to show that this strategy does not always work 

  1   1 ·· 16   Þ 1 2  . Then ask these students what must be true about the bases to rewrite a

quotient of powers as a single power. Students should recall that the bases must be 
the same. The result is a single power with the same base and an exponent equal to 
the difference of the exponents.

DISCUSS IT SMP 3, 6, 7, 8
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0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

Data Source: U.S. Environmental Protection Agency

pH Scale

Background
A solution’s pH value tells whether it is neutral, 
acidic, or basic. Pure water is neutral with a pH 
value of 7. Each change in the pH value is 
tenfold, so 4 on the pH scale is 10 times more 
acidic than 5 and 100 times more acidic than 6. 

WHY? Support students in using their  
understanding of exponent properties to  
interpret a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder. 
See Slide Notes.
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➤	Read and try to solve the problem below.

Adriana and Katrina are evaluating the expression shown. 
Adriana thinks that the value is between 0 and 1. Katrina 
thinks that the value is greater than 1. 

Evaluate the expression. Who is correct?

Develop Applying Properties of Integer Exponents

LESSON 20 | SESSION 3 

TRY 
IT

8122

2723( (  5
I think the 

value is between 
0 and 1.

I think the 
value is greater 

than 1.

DISCUSS IT

Ask: What was your 
first step?

Share: The first thing 
I did was . . . 

501

Possible work:

SAMPLE A

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   27 • 27 • 27 ········· 81 • 81   2  
5

 5   1   27 • 27 • 27 ·············  (27 • 3) • (27 • 3)   2  
5

 5   1   27 ····· (3 • 3)   2  
5

 5   1   27 ··· 9   2  
5

 5 35

 5 243

Katrina is correct.

SAMPLE B

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   19,683 ······ 6,561   2  
5

 5 35

 5 243

Katrina is correct.
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PROGRAM OVERVIEW

Program Overview

DATA Science
Classroom Mathematics California provides opportunities for students to 
build data literacy and develop data science skills in every strategy lesson 
and unit throughout the school year. Working with authentic real-world 
data, relevant, engaging topics, and a variety of data presentations, 
students strengthen their ability to work with and understand data. 

Data Talks
Data Talks are Lesson Starts that represent 
an easy-to-implement, engaging approach 
to Data Science. Once per lesson, these  
5–10 minute activities provide students with 
opportunities to explore data, develop data 
literacy, and apply grade-level mathematics.  

Data Talks reflect the variety of data  
displays that students may see in school  
and in the world around them, including:

• familiar graphs in grade appropriate formats

• novel or innovative graphs

Students explore, make observations,  
interpret, and critique data displays. 
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Purpose
• Develop strategies for using properties of exponents to 

generate expressions equivalent to numerical 
expressions involving zero and negative exponents.

• Recognize that the properties of exponents hold true for 
powers with zero and negative exponents.

Develop Applying Properties of Integer Exponents
LESSON 20 | SESSION 3 

Make Sense of the Problem
Before students work on Try It, use Notice and 
Wonder to help them make sense of the problem. 
Emphasize the responses that are relevant to 
evaluating the expression.

TRY IT SMP 1, 2, 4, 5, 6

WHY? Reinforce the meaning of so and so that to 
indicate a purpose in mathematical expressions.

HOW? Explain that so and so that are used before 
a phrase that tells what your purpose for doing 
something is — they signal that you will find out 
why. Have students find so in the second Model 
It. Say: So and so that have the same meaning. So 
is informal. So that is more formal. Have students 
use so or so that to introduce a purpose to their 
ideas in Apply It problem 5. Provide:

• I rewrote    [so/so that]    .

 ELD.PI.8.4, ELD.PII.8.5

DEVELOP ACADEMIC LANGUAGE

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• Why did you decide to do that step first?
• How do you know that the value is positive?
• Is there a different way you could have started evaluating the expression?

Error Alert Be aware that some students may get the correct answer with incorrect 
work. For example, some students may rewrite the expression in the parentheses as 
31 by dividing the bases and subtracting the exponents of the expression. You can use 

a simpler expression such as    
822

 ··· 222    to show that this strategy does not always work 

  1   1 ·· 16   Þ 1 2  . Then ask these students what must be true about the bases to rewrite a

quotient of powers as a single power. Students should recall that the bases must be 
the same. The result is a single power with the same base and an exponent equal to 
the difference of the exponents.

DISCUSS IT SMP 3, 6, 7, 8
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0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

Data Source: U.S. Environmental Protection Agency

pH Scale

Background
A solution’s pH value tells whether it is neutral, 
acidic, or basic. Pure water is neutral with a pH 
value of 7. Each change in the pH value is 
tenfold, so 4 on the pH scale is 10 times more 
acidic than 5 and 100 times more acidic than 6. 

WHY? Support students in using their  
understanding of exponent properties to  
interpret a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder. 
See Slide Notes.
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➤	Read and try to solve the problem below.

Adriana and Katrina are evaluating the expression shown. 
Adriana thinks that the value is between 0 and 1. Katrina 
thinks that the value is greater than 1. 

Evaluate the expression. Who is correct?

Develop Applying Properties of Integer Exponents

LESSON 20 | SESSION 3 

TRY 
IT

8122

2723( (  5
I think the 

value is between 
0 and 1.

I think the 
value is greater 

than 1.

DISCUSS IT

Ask: What was your 
first step?

Share: The first thing 
I did was . . . 

501

Possible work:

SAMPLE A

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   27 • 27 • 27 ········· 81 • 81   2  
5

 5   1   27 • 27 • 27 ·············  (27 • 3) • (27 • 3)   2  
5

 5   1   27 ····· (3 • 3)   2  
5

 5   1   27 ··· 9   2  
5

 5 35

 5 243

Katrina is correct.

SAMPLE B

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   19,683 ······ 6,561   2  
5

 5 35

 5 243

Katrina is correct.

Start Data Talk
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107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7 

Baking 
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BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Data Talk displays are available in the back of the Student Worktext, and the series of Data Talk 
slides are available on the Teacher Toolbox     as part of the lesson presentation slides.

Start Data Talk

©Curriculum Associates, LLC Copying is permitted.

Image Source: Microgen/Shutterstock

Start Data Talk
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Baking 
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BleachBananasStomach 
Acid
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Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Look at the data display  
on the next slide.

What do you notice?

What do you wonder?

Data TalkStart
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PROGRAM OVERVIEW

Program Overview

DATA Science
Classroom Mathematics California provides opportunities for students to 
build data literacy and develop data science skills in every strategy lesson 
and unit throughout the school year. Working with authentic real-world 
data, relevant, engaging topics, and a variety of data presentations, 
students strengthen their ability to work with and understand data. 

Data Talks
Data Talks are Lesson Starts that represent 
an easy-to-implement, engaging approach 
to Data Science. Once per lesson, these  
5–10 minute activities provide students with 
opportunities to explore data, develop data 
literacy, and apply grade-level mathematics.  

Data Talks reflect the variety of data  
displays that students may see in school  
and in the world around them, including:

• familiar graphs in grade appropriate formats

• novel or innovative graphs

Students explore, make observations,  
interpret, and critique data displays. 
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Purpose
• Develop strategies for using properties of exponents to 

generate expressions equivalent to numerical 
expressions involving zero and negative exponents.

• Recognize that the properties of exponents hold true for 
powers with zero and negative exponents.

Develop Applying Properties of Integer Exponents
LESSON 20 | SESSION 3 

Make Sense of the Problem
Before students work on Try It, use Notice and 
Wonder to help them make sense of the problem. 
Emphasize the responses that are relevant to 
evaluating the expression.

TRY IT SMP 1, 2, 4, 5, 6

WHY? Reinforce the meaning of so and so that to 
indicate a purpose in mathematical expressions.

HOW? Explain that so and so that are used before 
a phrase that tells what your purpose for doing 
something is — they signal that you will find out 
why. Have students find so in the second Model 
It. Say: So and so that have the same meaning. So 
is informal. So that is more formal. Have students 
use so or so that to introduce a purpose to their 
ideas in Apply It problem 5. Provide:

• I rewrote    [so/so that]    .

 ELD.PI.8.4, ELD.PII.8.5

DEVELOP ACADEMIC LANGUAGE

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• Why did you decide to do that step first?
• How do you know that the value is positive?
• Is there a different way you could have started evaluating the expression?

Error Alert Be aware that some students may get the correct answer with incorrect 
work. For example, some students may rewrite the expression in the parentheses as 
31 by dividing the bases and subtracting the exponents of the expression. You can use 

a simpler expression such as    
822

 ··· 222    to show that this strategy does not always work 

  1   1 ·· 16   Þ 1 2  . Then ask these students what must be true about the bases to rewrite a

quotient of powers as a single power. Students should recall that the bases must be 
the same. The result is a single power with the same base and an exponent equal to 
the difference of the exponents.

DISCUSS IT SMP 3, 6, 7, 8

LESSON 20 | SESSION 3 | DEVELOP ©Curriculum Associates, LLC Copying is permitted.

0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

Data Source: U.S. Environmental Protection Agency

pH Scale

Background
A solution’s pH value tells whether it is neutral, 
acidic, or basic. Pure water is neutral with a pH 
value of 7. Each change in the pH value is 
tenfold, so 4 on the pH scale is 10 times more 
acidic than 5 and 100 times more acidic than 6. 

WHY? Support students in using their  
understanding of exponent properties to  
interpret a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder. 
See Slide Notes.
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➤	Read and try to solve the problem below.

Adriana and Katrina are evaluating the expression shown. 
Adriana thinks that the value is between 0 and 1. Katrina 
thinks that the value is greater than 1. 

Evaluate the expression. Who is correct?

Develop Applying Properties of Integer Exponents

LESSON 20 | SESSION 3 

TRY 
IT

8122

2723( (  5
I think the 

value is between 
0 and 1.

I think the 
value is greater 

than 1.

DISCUSS IT

Ask: What was your 
first step?

Share: The first thing 
I did was . . . 

501

Possible work:

SAMPLE A

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   27 • 27 • 27 ········· 81 • 81   2  
5

 5   1   27 • 27 • 27 ·············  (27 • 3) • (27 • 3)   2  
5

 5   1   27 ····· (3 • 3)   2  
5

 5   1   27 ··· 9   2  
5

 5 35

 5 243

Katrina is correct.

SAMPLE B

   1   8122
 ···· 2723   2  

5
 5   1   273

 ··· 812   2  
5

 5   1   19,683 ······ 6,561   2  
5

 5 35

 5 243

Katrina is correct.

Start Data Talk
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107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7 

Baking 
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BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Data Talk displays are available in the back of the Student Worktext, and the series of Data Talk 
slides are available on the Teacher Toolbox     as part of the lesson presentation slides.

Start Data Talk

©Curriculum Associates, LLC Copying is permitted.

Image Source: Microgen/Shutterstock

Start Data Talk
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0 1 2 3 4 5 6 7 8 9 10 11 12 13 14

107 106 105 104 103 102 101 100 10 –1 10 –2 10 –3 10 –4 10 –5 10 –6 10 –7 

Baking 
Soda 

BleachBananasStomach 
Acid

Lemon 
Juice

pH Value

H+ concentration relative to pH 7

pH Scale

Data Source: U.S. Environmental Protection Agency

Look at the data display  
on the next slide.

What do you notice?

What do you wonder?

Data TalkStart
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Data Investigations
•	 Flexible implementation gives 

teachers choice. 

•	 For a deeper dive into data, 
Data Investigations are two-day 
activities that seamlessly tie to the 
mathematical content presented  
in the unit. 

•	 Simplify or extend different parts in 
the Investigation to meet the needs  
of the class and coincide with pacing. 

A Four-Step Statistical Problem-Solving Process 
Each Data Investigation encourages students to use a statistical problem-solving process.

©Curriculum Associates, LLC Copying is not permitted. A29Program Overview

Data Investigations 
Once per unit, Data Investigations offer students in-depth experience with 
a four-step Statistical Problem Solving Process (shown below).

Presentation slides, implementation 
support, and options to “simplify”  
or “extend” at various points in the 
Investigations allow teachers to adapt 
and present Data Investigations that  
fit the needs of their students, yearly 
pacing, and classroom. 

What is a Data Investigation?
• Two-day end-of-unit option

• Develops Data Literacy 

• Explores relevant, real-world topics

• Opportunity for students to apply and 
strengthen grade-level mathematics  
and SMPs

Available on the Teacher Toolbox  

STEP

1
STEP

2
STEP

3
STEP

4

Ask a Question
Students ask or make 
sense of an investigative 
question they will explore.

Analyze Data
Students organize and 
display their data.

Interpret the Results
Students answer the  
investigative question.

Collect & Consider Data
Students collect or access 
data that will help them 
answer their question.

Go to Success Central for implementation support for Data Investigations. 
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DATA INVESTIGATION Name:
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UNIT 4

Page 2 of 7GRADE 3  UNIT 4

Step 4 Interpret the Results
Answer the investigative question. Use your work from Step 3 to support 
your answer.

Step 3 Analyze Data
Make a line plot of your butterfly data on the  
Data Analysis Sheet.

Use your line plot to describe the wingspans.

Shortest wingspan:

Longest wingspan:

Most common wingspan:

 REFLECT AND REVISE

• How confident are you in your answer to the investigative question?

• Would you do anything differently if you did this investigation again?

 REFLECT AND REVISE

• Are you ready to answer the investigative question?

• Do you need to change the question, your measurements, or your 
line plot?

CHECKLIST

  Did you label the 
number line?

  Did you give your line 
plot a title?

  Did you make an X for 
each measurement?

STEP 

3

STEP 

4

©Curriculum Associates, LLC Copying permitted for classroom use. Page 1 of 7GRADE 3  UNIT 4

UNIT 4

DATA INVESTIGATION Name:

Sizing Up Butterflies
There are thousands of types of butterflies in the world! You 
can tell different kinds of butterflies apart by looking at the 
colors and the patterns on their wings. You can also look at 
their size.

In this investigation, you will explore the sizes of some 
butterflies found in California.

Photo Credit: Anthony King Nature/Shutterstock

Step 1 Ask a Question
You will use data to answer this investigative question:

What is the typical size of the butterflies on the Butterfly Cards?

STEP 

1

Step 2 Collect and Consider Data
Measure the wingspan of each butterfly.

You can measure to the nearest    1 ·· 4    inch or to the 
nearest    1 ·· 2    inch.

Use the Data Collection Sheet to record the  
measurements.

STEP 

2

 REFLECT AND REVISE

• Will your data help you answer the investigative question?

• Do you want to make changes to the investigative question?

CHECKLIST

  Did you line up your 
ruler correctly?

  Did you measure all  
the butterflies the same 
way?

The world’s largest butterfly 
has a wingspan of 12 inches!

12 in.
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Data Investigations 
Once per unit, Data Investigations offer students in-depth experience with 
a four-step Statistical Problem Solving Process (shown below).

Presentation slides, implementation 
support, and options to “simplify”  
or “extend” at various points in the 
Investigations allow teachers to adapt 
and present Data Investigations that  
fit the needs of their students, yearly 
pacing, and classroom. 

What is a Data Investigation?
• Two-day end-of-unit option

• Develops Data Literacy 

• Explores relevant, real-world topics

• Opportunity for students to apply and 
strengthen grade-level mathematics  
and SMPs

Available on the Teacher Toolbox  

STEP

1
STEP

2
STEP

3
STEP

4

Ask a Question
Students ask or make 
sense of an investigative 
question they will explore.

Analyze Data
Students organize and 
display their data.

Interpret the Results
Students answer the  
investigative question.

Collect & Consider Data
Students collect or access 
data that will help them 
answer their question.

Go to Success Central for implementation support for Data Investigations. 
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DATA INVESTIGATION Name:
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Step 4 Interpret the Results
Answer the investigative question. Use your work from Step 3 to support 
your answer.

Step 3 Analyze Data
Make a line plot of your butterfly data on the  
Data Analysis Sheet.

Use your line plot to describe the wingspans.

Shortest wingspan:

Longest wingspan:

Most common wingspan:

 REFLECT AND REVISE

• How confident are you in your answer to the investigative question?

• Would you do anything differently if you did this investigation again?

 REFLECT AND REVISE

• Are you ready to answer the investigative question?

• Do you need to change the question, your measurements, or your 
line plot?

CHECKLIST

  Did you label the 
number line?

  Did you give your line 
plot a title?

  Did you make an X for 
each measurement?

STEP 

3

STEP 

4
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UNIT 4

DATA INVESTIGATION Name:

Sizing Up Butterflies
There are thousands of types of butterflies in the world! You 
can tell different kinds of butterflies apart by looking at the 
colors and the patterns on their wings. You can also look at 
their size.

In this investigation, you will explore the sizes of some 
butterflies found in California.

Photo Credit: Anthony King Nature/Shutterstock

Step 1 Ask a Question
You will use data to answer this investigative question:

What is the typical size of the butterflies on the Butterfly Cards?

STEP 

1

Step 2 Collect and Consider Data
Measure the wingspan of each butterfly.

You can measure to the nearest    1 ·· 4    inch or to the 
nearest    1 ·· 2    inch.

Use the Data Collection Sheet to record the  
measurements.

STEP 

2

 REFLECT AND REVISE

• Will your data help you answer the investigative question?

• Do you want to make changes to the investigative question?

CHECKLIST

  Did you line up your 
ruler correctly?

  Did you measure all  
the butterflies the same 
way?

The world’s largest butterfly 
has a wingspan of 12 inches!

12 in.
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Strengthen grade-level 
mathematics and Standards 
for Mathematical Practice 
with Data Investigations. 

Analyze Data
Students organize and 
display their data.

STEP

2

STEP

3

Ask a Question
Students ask or make sense of an 
investigative question they will explore.

STEP

1
Collect and Consider Data
Students collect or access data that 
will help them answer their question.

Interpret the Results
Students answer the 
investigative question.

STEP

4
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All California Students  
Are Math Language Learners
All students, including English Learners, get the support they need to 
engage with rigorous content.

Language Objectives
•	 Language Objectives are tied directly to the 

mathematics Content Objectives. 

•	 They address the four domains of language 
students will understand and use (i.e., 
listening, speaking, reading, writing) to meet 
the mathematical objectives.

•	 Language-related features and resources 
address the California English Language 
Development (ELD) Standards and scaffold 
instruction to support English Learners.

©Curriculum Associates, LLC Copying is not permitted.293a LESSON 13 Solve Systems of Linear Equations Algebraically

LESSON 13

Learning Progression

Overview | Solve Systems of Linear Equations Algebraically

Later in Grade 8, students will learn 
how to write systems of equations 
to model both mathematical and 
real-world problems. Then they will 
apply the skills learned in this lesson to 
solve the systems.

In this lesson, students will use the 
substitution and elimination methods 
to solve systems of linear equations. They 
will understand how the graph of 
a system can help them estimate the 
solution before finding the exact 
solution algebraically. They will recognize 
that when an algebraic solution leads to 
an equation that is never true, the system 
has no solution, and when it leads to an 
equation that is always true, the system 
has infinitely many solutions.

Earlier in Grade 8, students graphed 
linear equations and rewrote them in 
slope-intercept form.

In the previous lesson, students 
learned about systems of linear 
equations. They graphed both equations 
of a system and identified any points of 
intersection. They determined whether a 
system had zero, one, or infinitely many 
solutions by graphing and by 
considering the values of m and b in the 
slope-intercept form of the equations.

Objectives

Content Objectives
• Estimate the solution of a system of linear 

equations by graphing.
• Use substitution and elimination to solve 

systems of linear equations.
• Determine whether a system of linear 

equations has one solution, no solution, 
or infinitely many solutions.

• Identify efficient ways to solve a system of 
linear equations.

Language Objectives
• Justify solutions for systems of linear 

equations by referring to graphs and 
checking if solutions are reasonable.

• Respond to clarifying questions about the 
processes of substitution and  elimination 
during partner and class discussions.

• Explain why systems of linear equations 
have one, infinitely many, or no solutions 
using precise mathematical language.

• Evaluate methods of solving a system of 
equations using lesson vocabulary when 
speaking and writing.

• Listen for understanding by asking 
clarifying questions or requesting 
more information during partner and 
class discussions.

Prior Knowledge
• Understand the definition of a system of 

linear equations.
• Graph a system of linear equations to 

determine its solution.
• Solve an equation for one variable in 

terms of another.

Vocabulary

Review Terms students comfortably use

coefficient a number that is multiplied 
by a variable.

system of linear equations a group of 
related equations in which a solution 
makes all the equations true at the same 
time. A system of equations can have 
zero, one, or infinitely many solutions.

Academic Terms students hear and use

algebraically in a way that involves 
variables and the rules of algebra.

eliminate to remove or get rid of.

substitution the process of replacing 
one thing with another that is equivalent.

CALIFORNIA STANDARDS

 Math Focus
8.EE.8 Analyze and solve pairs of 
simultaneous linear equations.

b.  Solve systems of two linear equations in 
two variables algebraically, and estimate 
solutions by graphing the equations. 
Solve simple cases by inspection.

See Unit 3 Overview for developing and 
applied standards.

SMP 1–8 are embedded in  
Try-Discuss-Connect. See page 1s.

SMP 3, 4 and 7 have targeted support.

 ELD Support
ELD.PI.8.1, ELD.PI.8.2, ELD.PI.8.5,  
ELD.PI.8.6a, ELD.PI.8.6c, ELD.PI.8.7,  
ELD.PI.8.8, ELD.PI.8.10, ELD.PI.8.12a,  
ELD.PII.8.3, ELD.PII.8.4

iRCM08_CA_TG_U03_L13.indd   1iRCM08_CA_TG_U03_L13.indd   1 4/11/2024   5:24:18 PM4/11/2024   5:24:18 PM
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Purpose
• Develop strategies for deriving the equation 

y 5 mx 1 b for a line not passing through the origin.

• Recognize that b represents the y-intercept of a 
graphed line.

LESSON 9 | SESSION 2 

Develop Deriving y 5 mx 1 b

TRY IT SMP 1, 2, 4, 5, 6

Make Sense of the Problem
Before students work on Try It, use Three Reads to 
help them make sense of the problem. Draw their 
attention to the graph to ensure that students are 
noting and interpreting the information correctly.

SMP 3, 6, 7, 8

Support Partner Discussion
After students work on Try It, have them respond to Discuss It with a partner.  
If students need support in getting started, prompt them to ask each other questions 
such as:

• Why did you choose the strategy you used?
• How did the graph help you make sense of the problem?
• What do x and y represent in your equation(s)?
• What do the two graphs and situations have in common?

Common Misconception Listen for students who use the equation 100 1 y 5 10x 
to model line q because line p moves up along the y-axis. As students share their 
strategies, encourage them to think about the situation and put themselves in 
Ramona’s place. The pay she gets includes her hourly wages, 10x, plus the $100 
sign-on bonus, so the $100 needs to be added to 10x to get her total pay, y.

DISCUSS IT

WHY? Analyze how adverbial phrases add 
details to sentences.

HOW? Read Apply It problem 4, emphasizing 
the adverbial phrases in the garden, in slope-
intercept form, and in this situation. SAY: Phrases 
like these give details about where, how, and when 
something is done. Help students determine the 
kind of detail each phrase provides (where, how, 
or when). Encourage them to use the adverbial 
phrases when they write their answers.

 ELD.PI.8.2, ELD.PII.8.5

DEVELOP ACADEMIC LANGUAGE

©Curriculum Associates, LLC    Copying is permitted.

A B
C

Start

Which Would You Rather?

$72 for 6 hours
of yardwork

$180 for 20 hours 
of babysitting

$29.75 for 3.5 hours 
of dog walking

Possible Solutions
A because it has the highest hourly pay rate.

B because it is the greatest total amount of 
 money earned.

C because it is the fewest hours spent working.

WHY? Support students’ understanding of 
comparing rates.

CONNECT TO PRIOR KNOWLEDGESTART
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Develop Deriving y 5 mx 1 b

LESSON 9 | SESSION 2 

➤	Read and try to solve the problem below.

Ramona has a new job as a chef. She earns the same 
amount per hour as she did in her old job, plus she got a 
$100 sign-on bonus. Line p represents Ramona’s earnings in 
her old job. Line q represents her earnings in her new job. 
Write an equation for line p. What does the slope mean? 
What is the equation for line q?

x

y

40

80

120

0

160

200

20 4 6 8 10

A
m

ou
nt

 E
ar

ne
d 

($
)

Time Worked (h)

p

q

Math Toolkit graph paper, straightedges

TRY 
IT

DISCUSS IT

Ask: How did you use 
the old job’s equation 
to find the new job’s 
equation?

Share: At first,  
I thought . . .

215

Possible work:

SAMPLE A

Line p: (2, 20) and (0, 0)

m 5    
y2 2 y1 ······ x2 2 x1

    5    20 2 0 ······ 2 2 0    5 10

y 5 10x, where y is the amount earned and 
x is the number of hours worked. The slope 
represents earnings per hour.

The amount earned in the new job is 
always $100 more for the same number of 
hours worked. You can add 100 to 10x to 
get y 5 10x 1 100.

SAMPLE B

Old job:    rise ···· run    5    20 ··· 2    5 10; y 5 10x

y is the amount earned; x is the number of 
hours worked. The slope represents the  
amount earned for each hour worked, $10.

This is the same for the new job. The new 
job also includes a sign-on bonus of $100, 
so I can add 100 to  
the equation for the  
old job.
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UNIT 1

Professional Learning

Supporting Math and Academic  
Vocabulary Development

Formal academic language can be challenging for many students. 
Exposure to and integrated practice with academic language is 
critical for all students’ success. 

Academic language falls into two categories: 
• Mathematical Vocabulary: discipline-specific words and phrases 

used in the area of mathematics—such as hypotenuse, prime 
number, rational number, base-ten, per, if and only if

•  Academic Vocabulary: all-purpose academic words—such as 
analyze and structure—that transcend the discipline of 
mathematics (Council of the Great City Schools, 2016)

Build Math and Academic Vocabulary 
At the beginning of each unit, Prepare for. . . uses familiar math 
vocabulary to review important prerequisite knowledge. Build 
Academic Vocabulary provides sets of math and academic words or 
phrases students will see throughout the unit. Teachers use the 
Academic Vocabulary routine—and the Cognate Support routine 
for speakers of Latin-based languages—to assess familiarity with the 
terms and preview their meanings. Teachers begin the Collect and 
Display routine to help students throughout the unit to connect 
their everyday language to more precise and accurate math or 
academic language.

In each lesson, important math-specific and academic vocabulary 
are presented to students in context. Students use the terms in 
meaningful ways throughout the multi-day lesson and can annotate 
their Interactive Glossaries and Academic Vocabulary Glossaries with 
their own definitions, pictures, and examples. At the end of each 
unit, Vocabulary Review offers self-assessment and review of math 
and academic terms from the unit.

Academic Vocabulary Routine

1  Assess prior knowledge.
•  Present the words or phrases. Assess prior 

knowledge by asking students to rate their 
knowledge of each term.

• Provide a scale and ask students to write or signal 
their rating of each word: 

1 Never heard it.

2 Not sure what it means.

3 Have an idea about what it means.

4 Know what it means and can use it.

• If students are speakers of Spanish or other Latin-
based languages, use the Cognate Support routine.

2  Pronounce the words.
• Say each term and have students repeat it.

3  Define the words.
• Ask students to share the meanings of terms they 

know. Note which terms need more instruction or 
modeling.

•  Model using the terms in familiar contexts.

•  Provide the meaning of the terms. See the Academic 
Vocabulary Glossary on the Teacher Toolbox. 

4  Use the words.
• Have students write the terms with descriptions or 

examples and a picture or graphic representation. 

•  Encourage students to use the terms in writing 
and discussion during the lesson and unit.

Cognate Support Routine

1   Ask students to identify terms that look or 
sound similar to words in their home language.

2   Check to see if the identified terms are cognates.

3   Write the cognates and have students copy 
them next to the English terms.

4   Pronounce the English term and its cognate or 
ask a volunteer to do so. Have students repeat.©Curriculum Associates, LLC Copying is not permitted. 186UNIT 3 Linear Relationships

UNIT 3

Prepare for Unit 3

Prepare for Unit 3
• Read the directions and the headings in the boxes 

or have a student do so. Call on volunteers to 
explain the task in their own words.

• Have students write what they know about 
proportional relationships in the graphic 
organizer. 

• Have students work with a partner to share their 
ideas. Give students time to revise and add onto 
what they have written in their graphic organizers. 
Circulate and validate responses or clarify any 
misconceptions.

• After most students have finished, debrief with a 
whole class discussion.

Build Academic Vocabulary
• Display academic terms used throughout this unit: 

constant, determine, and system. Students will 
likely have some prior knowledge of the terms 
from math learning in previous grade levels or 
other content areas. Use the Academic 
Vocabulary routine described in Unit 1 
Professional Learning to provide explicit 
instruction and active engagement.

• Academic vocabulary for each lesson is listed in 
the Lesson Overview. The chart below includes 
the Spanish cognates for academic vocabulary 
introduced in the unit and in each lesson. To 
support students whose primary language is 
Spanish, use the Cognate Support routine 
described in Unit 1 Professional Learning.

• Support students as they move from informal 
language to formal academic language by using 
the Collect and Display routine. Have students 
refer to the chart during discussion and writing.

Cognates for Academic Vocabulary in Unit 3

ACADEMIC 
WORD

SPANISH 
COGNATE

ACADEMIC 
WORD

SPANISH 
COGNATE

algebraically algebraicamente eliminate eliminar

common común intersection intersección

constant constante substitution sustitución

context contexto system sistema

define definir undefined indefinido(a)

derive derivar

determine determinar

186 UNIT 3  Prepare for Slope, Linear Equations, and Systems  Linear Relationships: Slope, Linear Equations, and Systems
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UNIT 3 Prepare for Slope, Linear Equations, and Systems

➤	Think about what you know about rates, proportional relationships,  
and plotting points in the coordinate plane. Write what you know about 
proportional relationships in the boxes. Share your ideas with a partner  
and add any new information to the organizer.

Equations Descriptions

Related Terms Examples

Proportional 
Relationships

186

Possible answers:

y 5 kx

y 5 5x

   2 ·· 3   x 5 y

• unit rate

• constant rate of change

• constant of proportionality

The quantities in a proportional 
relationship all vary by the same factor.

The graphs are always straight lines that 
go through the origin.

•  A robot traveling at a constant speed 
is a proportional relationship between 
distance and time.

•  The total cost for a number of items 
that each have the same price is a 
proportional relationship between 
number of items and their price.
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•	 Develop Academic Language 
for all students at the word, 
sentence, or discourse level. 

•	 Focus can be on multiple-
meaning words, affixes, word 
families, irregular verbs, 
unpacking and constructing 
complex sentences, and 
conversation tips.

Build Academic Vocabulary asks 
students to assess prior knowledge, 
pronounce, define, and use the 
vocabulary in the lesson. 
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LESSON 13

Learning Progression

Overview | Solve Systems of Linear Equations Algebraically

Later in Grade 8, students will learn 
how to write systems of equations 
to model both mathematical and 
real-world problems. Then they will 
apply the skills learned in this lesson to 
solve the systems.

In this lesson, students will use the 
substitution and elimination methods 
to solve systems of linear equations. They 
will understand how the graph of 
a system can help them estimate the 
solution before finding the exact 
solution algebraically. They will recognize 
that when an algebraic solution leads to 
an equation that is never true, the system 
has no solution, and when it leads to an 
equation that is always true, the system 
has infinitely many solutions.

Earlier in Grade 8, students graphed 
linear equations and rewrote them in 
slope-intercept form.

In the previous lesson, students 
learned about systems of linear 
equations. They graphed both equations 
of a system and identified any points of 
intersection. They determined whether a 
system had zero, one, or infinitely many 
solutions by graphing and by 
considering the values of m and b in the 
slope-intercept form of the equations.

Objectives

Content Objectives
• Estimate the solution of a system of linear 

equations by graphing.
• Use substitution and elimination to solve 

systems of linear equations.
• Determine whether a system of linear 

equations has one solution, no solution, 
or infinitely many solutions.

• Identify efficient ways to solve a system of 
linear equations.

Language Objectives
• Justify solutions for systems of linear 

equations by referring to graphs and 
checking if solutions are reasonable.

• Respond to clarifying questions about the 
processes of substitution and  elimination 
during partner and class discussions.

• Explain why systems of linear equations 
have one, infinitely many, or no solutions 
using precise mathematical language.

• Evaluate methods of solving a system of 
equations using lesson vocabulary when 
speaking and writing.

• Listen for understanding by asking 
clarifying questions or requesting 
more information during partner and 
class discussions.

Prior Knowledge
• Understand the definition of a system of 

linear equations.
• Graph a system of linear equations to 

determine its solution.
• Solve an equation for one variable in 

terms of another.

Vocabulary

Review Terms students comfortably use

coefficient a number that is multiplied 
by a variable.

system of linear equations a group of 
related equations in which a solution 
makes all the equations true at the same 
time. A system of equations can have 
zero, one, or infinitely many solutions.

Academic Terms students hear and use

algebraically in a way that involves 
variables and the rules of algebra.

eliminate to remove or get rid of.

substitution the process of replacing 
one thing with another that is equivalent.

CALIFORNIA STANDARDS

 Math Focus
8.EE.8 Analyze and solve pairs of 
simultaneous linear equations.

b.  Solve systems of two linear equations in 
two variables algebraically, and estimate 
solutions by graphing the equations. 
Solve simple cases by inspection.

See Unit 3 Overview for developing and 
applied standards.

SMP 1–8 are embedded in  
Try-Discuss-Connect. See page 1s.

SMP 3, 4 and 7 have targeted support.

 ELD Support
ELD.PI.8.1, ELD.PI.8.2, ELD.PI.8.5,  
ELD.PI.8.6a, ELD.PI.8.6c, ELD.PI.8.7,  
ELD.PI.8.8, ELD.PI.8.10, ELD.PI.8.12a,  
ELD.PII.8.3, ELD.PII.8.4
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LESSON 13

Learning Progression

Overview | Solve Systems of Linear Equations Algebraically

Later in Grade 8, students will learn 
how to write systems of equations 
to model both mathematical and 
real-world problems. Then they will 
apply the skills learned in this lesson to 
solve the systems.

In this lesson, students will use the 
substitution and elimination methods 
to solve systems of linear equations. They 
will understand how the graph of 
a system can help them estimate the 
solution before finding the exact 
solution algebraically. They will recognize 
that when an algebraic solution leads to 
an equation that is never true, the system 
has no solution, and when it leads to an 
equation that is always true, the system 
has infinitely many solutions.

Earlier in Grade 8, students graphed 
linear equations and rewrote them in 
slope-intercept form.

In the previous lesson, students 
learned about systems of linear 
equations. They graphed both equations 
of a system and identified any points of 
intersection. They determined whether a 
system had zero, one, or infinitely many 
solutions by graphing and by 
considering the values of m and b in the 
slope-intercept form of the equations.

Objectives

Content Objectives
• Estimate the solution of a system of linear 

equations by graphing.
• Use substitution and elimination to solve 

systems of linear equations.
• Determine whether a system of linear 

equations has one solution, no solution, 
or infinitely many solutions.

• Identify efficient ways to solve a system of 
linear equations.

Language Objectives
• Justify solutions for systems of linear 

equations by referring to graphs and 
checking if solutions are reasonable.

• Respond to clarifying questions about the 
processes of substitution and  elimination 
during partner and class discussions.

• Explain why systems of linear equations 
have one, infinitely many, or no solutions 
using precise mathematical language.

• Evaluate methods of solving a system of 
equations using lesson vocabulary when 
speaking and writing.

• Listen for understanding by asking 
clarifying questions or requesting 
more information during partner and 
class discussions.

Prior Knowledge
• Understand the definition of a system of 

linear equations.
• Graph a system of linear equations to 

determine its solution.
• Solve an equation for one variable in 

terms of another.

Vocabulary

Review Terms students comfortably use

coefficient a number that is multiplied 
by a variable.

system of linear equations a group of 
related equations in which a solution 
makes all the equations true at the same 
time. A system of equations can have 
zero, one, or infinitely many solutions.

Academic Terms students hear and use

algebraically in a way that involves 
variables and the rules of algebra.

eliminate to remove or get rid of.

substitution the process of replacing 
one thing with another that is equivalent.

CALIFORNIA STANDARDS

 Math Focus
8.EE.8 Analyze and solve pairs of 
simultaneous linear equations.

b.  Solve systems of two linear equations in 
two variables algebraically, and estimate 
solutions by graphing the equations. 
Solve simple cases by inspection.

See Unit 3 Overview for developing and 
applied standards.

SMP 1–8 are embedded in  
Try-Discuss-Connect. See page 1s.

SMP 3, 4 and 7 have targeted support.

 ELD Support
ELD.PI.8.1, ELD.PI.8.2, ELD.PI.8.5,  
ELD.PI.8.6a, ELD.PI.8.6c, ELD.PI.8.7,  
ELD.PI.8.8, ELD.PI.8.10, ELD.PI.8.12a,  
ELD.PII.8.3, ELD.PII.8.4
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Connect to Language: Differentiation  
to Support English Learners

•	 Every session includes a support 
continuum of English proficiency levels, 
focused on California ELD Standards.

•	 Encourage scaffolding up.

•	 Differentiation speaks to specific lesson 
content and provides guidance for 
specific activities. 

LESSON 8

Overview

©Curriculum Associates, LLC Copying is not permitted. 187–188LESSON 8 Graph Proportional Relationships and Define Slope

Connect to Family and Community
	➤ After the Explore session, have students use the Family Letter to let their 

families know what they are learning and to encourage family involvement.

Connect to Language
	➤ For English learners, use the Differentiation chart to scaffold the language in each 

session. Use the Academic Vocabulary routine for academic terms before Session 1. 

DIFFERENTIATION | ENGLISH LEARNERS Use with Session 1 Connect It

  ELD.PI.8.1 Exchanging information/ideas, ELD.PI.8.6a Reading/viewing closely, ELD.PI.8.12a Selecting language resources

MATH TERM

Rate is a ratio that 
tells the number 
of units of one 
quantity for 
1 unit of another 
quantity.

ACADEMIC 
VOCABULARY

Vertical means 
up and down.

Horizontal means 
side to side.

Support understanding and discussion of 
Connect It problem 2c. Display the Math 
Term and Academic Vocabulary.  

Read the first sentence of the problem. 
Ask: What describes the rate of change? Ask 
students to complete: unit rate 5    . 
Read the second sentence. Ask: What 
does the rate of change equal? 

Have students complete: rate of 
change 5    . Have students point to 
the changes on the graph. Display and 
chorally read: unit rate 5 rate of change 5 
quotient of the vertical change and the 
horizontal change 5 slope. Support 
students to define slope. Check for 
understanding of quotient.

Have students turn to a partner to read 
and discuss Connect It problem 2c. 
Display the Math Term and Academic 
Vocabulary. Suggest students use the 
terms as they talk about the problem. 

Ask: What does the first sentence tell you 
about unit rate and rate of change? What 
does the second sentence tell you about rate 
of change? What does the third sentence tell 
you about rate of change?  

Have students describe slope using the 
displayed terms and vocabulary. Monitor 
to ensure that partners clarify that the 
quotient of means that there is division 
involved. 

Have students read Connect It problem 2c. 
Display the Math Term and Academic 
Vocabulary. Have students use the math 
term and vocabulary and the words unit 
rate, rate of change, quotient of vertical 
change and horizontal change, and equals 
to make a graphic organizer for the word 
slope. Then have them use the words and 
phrases to orally explain slope to a partner 
using complete sentences.

Monitor as students discuss. Highlight 
and repeat strong uses of vocabulary and 
sentence structures.

Emerging: Reading/Speaking Expanding: Reading/Speaking Bridging: Reading/Speaking

Available in 

8+ 
Languages

Teacher Toolbox
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Where else do you see examples of unit 
rate and slope in the world around you?

LESSON 8 | GRAPH PROPORTIONAL RELATIONSHIPS AND DEFINE SLOPE

Activity Thinking About Slope
➤	Do this activity together to investigate slope  

in the real world.

When a proportional relationship is modeled by  
a straight line, the unit rate is the same as the  
slope of the line. For example, when someone  
drives at a rate of 60 miles per hour on the  
highway, the unit rate of this proportional  
relationship is 60. The slope of the line  
modeling this relationship is also 60.

60 mph

20

40
60

80

100
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Dear Family,
This week your student is learning about slope. Students have learned previously 
about proportional relationships and unit rate. The graph of a proportional 
relationship is a line. When talking about a line, the unit rate is called the slope. 
Slope can be found by taking two points on the line and dividing the vertical 
change by the horizontal change. Students will learn to solve problems like the 
one below. 
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Use the next page to start a 
conversation about slope.

LESSON

8

➤	ONE WAY to find the slope of a line 
is to divide the vertical change by the 
horizontal change between two 
points on the line.

3 4 5 5 0.6

➤	ANOTHER WAY to find the slope of a 
line is to choose two points on the 
line and use the slope formula.  
For two points (x1, y1) and (x2, y2), 

slope 5    change in y-coordinates  ····················  change in x-coordinates    or  

m 5    
y2 2 y1 ····· x2 2 x1

     .

Choose points (0, 0) and (5, 3).  

 m 5    
y2 2 y1 ····· x2 2 x1

    5    3 2 0 ···· 5 2 0    5    3 ·· 5   

Using either method, the slope is    3 ·· 5    , or 0.6. One ounce of coffee beans costs $0.60.

A local coffee shop sells coffee beans 
by weight. The graph shows the 
relationship between weight in ounces 
and cost. Find the slope of the line. 
How much does 1 ounce of coffee 
beans cost?
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Math 
Tools 

Graphing 
Calculator

iRCM08_CA_TG_U03_L08.indd   188iRCM08_CA_TG_U03_L08.indd   188 4/17/2024   6:41:46 PM4/17/2024   6:41:46 PM

Language Routines, Teacher 
Moves, and Classroom 
Conversation Tips promote:

•	 Collaboration and social 
interaction

•	 Language use for a 
mathematical purpose

•	 Meta-linguistic awareness

Supports for Community: Try–Discuss–Connect incorporates UDL principles to give every student 
a voice and the opportunity to engage with the content in a way that is meaningful to them.

Try It Discuss It Connect It

Action and Expression:  
Students make sense of the problem 
in a way that engages their identity 
and honors their prior experience, 

community, and individuality.

Representation:  
Partner and whole class 

discussion place value on students’ 
ideas and contributions.

Engagement: 
Students make connections to 

strategies, the underlying mathematics, 
and each others’ thinking and ideas.

Build Academic Language 
for All Students highlights 
one lesson Language 
Objective and shows how 
teachers can help students 
bridge everyday language to 
academic language over the 
course of lesson activities.
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UNIT 4

Connect Language Development and Mathematics

LANGUAGE 
DOMAINS EMERGING EXPANDING BRIDGING

LISTENING

Listen to a series of statements with 
common words describing the shape of 
a graph (up, down, change). Point to 
corresponding intervals on a graph.

Match detailed oral descriptions related 
to the shape of a graph to the 
corresponding intervals on the graph 
after previewing and describing it with 
terms from a word bank with a partner.

Match detailed oral descriptions related 
to the shape of a graph to the 
corresponding intervals on the graph 
after adequate individual think time to 
describe the graph in their own words.

SPEAKING

Contribute to small‑group discussions 
about qualitative descriptions of 
graphs of functions by stating 
agreement or sharing their own work.

Contribute to whole‑group discussions 
about qualitative descriptions of 
graphs of functions by connecting 
classmates’ ideas to their own work 
using simple sentences.

Contribute to whole‑group discussions 
about qualitative descriptions of 
graphs of functions by listening to 
classmates’ ideas and building on them 
with supporting ideas and examples.

READING

With teacher support, interpret a 
qualitative description for a nonlinear 
rate of speed by identifying simple 
actions from an illustrated word bank 
and role‑playing the actions in 
small groups. 

Interpret a qualitative description for 
a nonlinear rate of speed by working 
with cooperative groups to paraphrase 
and role‑play the actions using verbs 
and phrases from a word bank. 

Interpret a qualitative description for 
a nonlinear rate of speed by working 
with cooperative groups to paraphrase 
and role‑play the actions.

WRITING

Describe functions qualitatively by 
working with a partner to sequence 
pictures of intervals of a graph that are 
labeled with descriptive phrases.

Describe functions qualitatively by 
working with partners to complete 
sentence frames with descriptive words 
and phrases.

Describe functions qualitatively by 
referring to a list of descriptive phrases.

Sample Everyday Language
The line goes up in the first part really high, 
so that means running fast. Then the line 
goes straight across. That’s resting. Then the 
line goes back down, but more like a ramp, so 
that’s jogging home.

Academic Language Targets
• Identify which part of the graph you are 

describing using phrases, such as in the 
first section, at first, and finally.

• Use detail words to describe graph 
changes, including varying, constant, 
gradual, and steep.

• Tell what you see and what it means: In 
section    , the graph    at a    
rate, which represents    . 

Guidance by Session
1: Review terms to describe changes on 
graphs using EL Differentiation. 
2: Practice ways to interpret graphs and 
describe change using EL Differentiation 
and close reading of Analyze It. 
3: Have students identify and collect useful 
descriptive language. Invite suggestions.
4: Expect and validate strong descriptions 
in Apply It problem 1.

LESSON 18 EXAMPLE PROGRESSION

LANGUAGE OBJECTIVE: Describe graphs of functions in speaking and writing using the terms increasing, decreasing, 
constant rate, and varying rate.

Build Academic Language for All Students: Describe
This chart is an example of how to help students progress from everyday to academic language. Use with 
the Academic Language Focus and Formative Assessment Resources.   

 8.F.5 Describe qualitatively the functional relationship between two quantities by analyzing 
a graph (e.g., where the function is increasing or decreasing, linear or nonlinear). Sketch a graph that 
exhibits the qualitative features of a function that has been described verbally.

Academic Language
Language Expectations for English Learners
This chart shows what English learners can do in connection with a math standard addressed in this unit.
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Academic Language Focus Resources  
and Formative Language Assessment 

•	 Each unit has an Academic Language Focus,  
such as Explain, Compare, or Justify.

•	 Students learn the focus, then practice  
and get feedback on their progress.

•	 Teachers can use the Formative Language 
Assessment Recording Sheet to monitor progress.
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Differentiate to Support 
English Learners
Every session includes activity-specific 
support for a continuum of English 
proficiency levels, focused on California 
ELD standards. Scaffolding often 
includes an invitation for students  
to leverage their home language. 

Additional Practice
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LESSON 27 | SESSION 1

 Problem 3 provides another look at applying 
the Pythagorean Theorem. This problem is 
similar to the problem about an artist using 
porcupine quills to decorate a rectangular piece 
of leather. In both problems, two side lengths of 
a right triangle are given, and students use the 
Pythagorean Theorem to find the length of the 
hypotenuse. This problem asks for the length of 
ribbon needed to make two diagonals of a flag. 
Note that since we are finding an approximate 
length, there is no need to worry about the area 
of overlap of the ribbons.

Students may want to use unit tiles or grid 
paper to solve.

Suggest that students use Three Reads to help 
them understand what the problem is about, 
what is being asked, and what information they 
are given.

3

  ELD.PI.8.6a Reading/viewing closely, ELD.PI.8.12a Selecting language resources 

Help students make sense of Apply It problem 4. 
First, unpack the problem context by reading 
aloud sentence 1 and using Act It Out. 

Guide students to label the banner, roof, and 
fence on the diagram. Then provide a string or 
rope and ask students to show what it means to 
string it from the top of one thing to another. 

Next, ask students to underline the question in 
the problem. Rephrase: What is the height of the 
roof? Have students trace the line on the 
diagram to show what they need to find. Invite 
partners to use their home language and math 
terms, such as height, right triangle, and side 
length as they solve the problem.

Help students make sense of Apply It problem 4 
by previewing the diagram. Give students time 
to label things in the diagram, such as: roof, 
fence, banner, height, side lengths, distance, and 
right triangle. Then invite students to describe 
the diagram. 

Next, help students read and make sense of the 
problem by discussing the meaning of 
compound words, such as salesperson, fence pole, 
banner rope, and rooftop. 

Then have students Act It Out as you read the 
problem aloud to confirm understanding. Invite 
partners to use the labeled diagram, their home 
language, and English as they solve the problem.

Have students read and interpret Apply it 
problem 4. Say: To better understand a word 
problem, you can break it into smaller parts. Pause 
after reading each part to connect it to a diagram. 

Demonstrate how to Act It Out in this manner 
with the first sentence: A car salesperson strings a 
banner from the top of the roof to a fence pole [trace 
the banner from the roof to the fence] 20 feet from 
the building [trace the length of 20 feet, point to 
the building]. Invite students to use Act It Out 
and their shared home languages to clarify. 

After students work the problem, have partners 
discuss their strategies and solutions using 
complete sentences.

Emerging: Reading/Speaking Expanding: Reading/Speaking Bridging: Reading/Speaking

DIFFERENTIATION | ENGLISH LEARNERS Use with Session 2 Apply It
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LESSON 27 | SESSION 1

 The flag of Scotland consists of a blue rectangular 
background with two white diagonals.

a. The dimensions of a Scottish flag are shown. If the 
flag’s diagonals are made of white ribbon, what 
length of ribbon is needed for both diagonals? 
Show your work. Round your answer to the 
nearest foot.

3

5 ft

3 ft

  SOLUTION  

b. Check your answer to problem 3a. Show your work.

658

Possible work:

 32 1 52 5 c2

 9 1 25 5 c2

 34 5 c2

 6  Ï··· 34    5 c

c must be positive, so   Ï··· 34    øø 6.

About 6 ft are needed for one ribbon, so about 12 ft are needed for two.

Possible work:

Check that   Ï··· 34    is the correct diagonal length.

   1  Ï··· 34   2  
2
 5 32 1 52

 34 5 9 1 25

 34 5 34

  Ï··· 34    øø 6 is the length of one diagonal, so double it for two diagonals.

About 12 ft is correct.

The total length of ribbon needed is about 12 ft.

Combine Academic Language Focus  
and Formative Language Assessment 
An Academic Language Focus, such as Explain, 
Compare, or Justify, is identified in each unit. Students 
learn about the academic language focus and then 
practice and get feedback on their progress at the 
beginning, middle, and end of the unit. Teachers can 
use the Formative Language Assessment Recording 
Sheet to monitor progress.

Build Academic Language  
for All Students  
This feature highlights one lesson 
Language Objective and shows how 
teachers can help students bridge from 
everyday language to academic language 
over the course of lesson activities.
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UNIT 4

Connect Language Development and Mathematics

LANGUAGE 
DOMAINS EMERGING EXPANDING BRIDGING

LISTENING

Listen to a series of statements with 
common words describing the shape of 
a graph (up, down, change). Point to 
corresponding intervals on a graph.

Match detailed oral descriptions related 
to the shape of a graph to the 
corresponding intervals on the graph 
after previewing and describing it with 
terms from a word bank with a partner.

Match detailed oral descriptions related 
to the shape of a graph to the 
corresponding intervals on the graph 
after adequate individual think time to 
describe the graph in their own words.

SPEAKING

Contribute to small‑group discussions 
about qualitative descriptions of 
graphs of functions by stating 
agreement or sharing their own work.

Contribute to whole‑group discussions 
about qualitative descriptions of 
graphs of functions by connecting 
classmates’ ideas to their own work 
using simple sentences.

Contribute to whole‑group discussions 
about qualitative descriptions of 
graphs of functions by listening to 
classmates’ ideas and building on them 
with supporting ideas and examples.

READING

With teacher support, interpret a 
qualitative description for a nonlinear 
rate of speed by identifying simple 
actions from an illustrated word bank 
and role‑playing the actions in 
small groups. 

Interpret a qualitative description for 
a nonlinear rate of speed by working 
with cooperative groups to paraphrase 
and role‑play the actions using verbs 
and phrases from a word bank. 

Interpret a qualitative description for 
a nonlinear rate of speed by working 
with cooperative groups to paraphrase 
and role‑play the actions.

WRITING

Describe functions qualitatively by 
working with a partner to sequence 
pictures of intervals of a graph that are 
labeled with descriptive phrases.

Describe functions qualitatively by 
working with partners to complete 
sentence frames with descriptive words 
and phrases.

Describe functions qualitatively by 
referring to a list of descriptive phrases.

Sample Everyday Language
The line goes up in the first part really high, 
so that means running fast. Then the line 
goes straight across. That’s resting. Then the 
line goes back down, but more like a ramp, so 
that’s jogging home.

Academic Language Targets
• Identify which part of the graph you are 

describing using phrases, such as in the 
first section, at first, and finally.

• Use detail words to describe graph 
changes, including varying, constant, 
gradual, and steep.

• Tell what you see and what it means: In 
section    , the graph    at a    
rate, which represents    . 

Guidance by Session
1: Review terms to describe changes on 
graphs using EL Differentiation. 
2: Practice ways to interpret graphs and 
describe change using EL Differentiation 
and close reading of Analyze It. 
3: Have students identify and collect useful 
descriptive language. Invite suggestions.
4: Expect and validate strong descriptions 
in Apply It problem 1.

LESSON 18 EXAMPLE PROGRESSION

LANGUAGE OBJECTIVE: Describe graphs of functions in speaking and writing using the terms increasing, decreasing, 
constant rate, and varying rate.

Build Academic Language for All Students: Describe
This chart is an example of how to help students progress from everyday to academic language. Use with 
the Academic Language Focus and Formative Assessment Resources.   

 8.F.5 Describe qualitatively the functional relationship between two quantities by analyzing 
a graph (e.g., where the function is increasing or decreasing, linear or nonlinear). Sketch a graph that 
exhibits the qualitative features of a function that has been described verbally.

Academic Language
Language Expectations for English Learners
This chart shows what English learners can do in connection with a math standard addressed in this unit.

ACADEMIC LANGUAGE FOCUS
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UNIT 1 • EXPLAIN

GRADE <3>  UNIT <1>

Go to Success Central for implementation guidance.

Academic Language Focus: Explain
In this unit, students explain how to use place value to round and to add and subtract  
three-digit numbers.

How to EXPLAIN in Unit 1
• Use terms about place value like ones, tens, hundreds, place, break apart, and regroup so that 

listeners or readers know exactly what is meant.

• Tell each step in a solution in order. Use connecting words like first, next, then, last, and 
finally to help the listener or reader understand what to do.

• Refer to a model or math work to help make the explanation clear.

Sample Academic Language
First, find the two text the number falls between. Then find the halfway number. If the number you 
are rounding is equal to or greater than the halfway number, round to the greater ten. If your 
number is less than the halfway number, round to the lesser ten.

Opportunities for Practice, Formative Assessment,  
and Feedback
• Provide at least three opportunities in each unit for practice and feedback.

• To give feedback, compare students’ language to the features in How to EXPLAIN in Unit 1, 
above.

• Record observations on the Formative Language Assessment Recording Sheet.

Lesson Focus Language Objective Places to Practice and Observe

1 Explain in writing how to round a number 
to the nearest ten or hundred.

S2 Connect It 2:  
Show What You Know

2 Explain strategies to add three-digit 
numbers using words and phrases such as 
break apart and regroup, as well as place 
value language.

S4 Apply It 9:  
Math Journal

3 Explain strategies to subtract three-digit 
numbers during partner and class 
conversation.

S4 Try It:  
Whole Class Discussion

Go to Success Central for implementation support for Academic Language Focus. 
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Culturally and Linguistically 
Responsive Mathematics
Validate and affirm students’ cultural connections, experiences, and aspirations by 
integrating them into the instruction so students see themselves in the mathematics.

Celebrate the Student
Problems, activities, and images 

make mathematics relevant 
to California students as they 

see themselves and their 
classmates in the content.

California’s Environmental Principles 
and Concepts (EP&Cs):

•	 Emphasize the close relationship between 
humans and the natural environment

•	 Appear in every lesson, giving students the 
opportunity to explore and apply them

STEM Stories inspire students to learn 
about mathematicians from different 

backgrounds and highlight the 
Standards for Mathematical Practice 

that were modeled in the story. 
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DISCUSS IT

TRY IT

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• How can you describe the pattern of the tiles using words and numbers?
• How can you tell that your model matches the pattern of the tiles?

Common Misconception Listen for students who forget to add the 4 tiles at the 
outer corners, or mistakenly add 4 more tiles to the stage number before squaring it. 
As students share their strategies, guide them to notice that the 4 tiles at the outer 
corners remain the same at each stage, and must be added to the number of tiles in 
the inner square after squaring the stage number.

Purpose
• Develop strategies for evaluating expressions with 

exponents.

• Recognize that exponents are evaluated before 
multiplication, addition, or subtraction.

LESSON 5 | SESSION 3 

Develop Using Order of Operations with Expressions with Exponents

SMP 1, 2, 4, 5, 6

Make Sense of the Problem
See Connect to Culture. Before students work on  
Try It, use Co-Craft Questions to help them make 
sense of the problem. Ask students to write a 
question about the tiles that can be answered using 
math, such as How does the number of tiles increase 
at each stage? Have students discuss their questions 
with a partner.

WHY? Model interpreting long sentences by 
breaking them apart and inferring details.

HOW? Display the sentence from Connect It 
problem 1a: Jayden evaluated the expression 
4 1 32 by adding first to get 72. Think aloud to 
interpret the meaning: It says Jayden evaluated 
the expression by adding, but it doesn’t say what 
he added. I’ll look at the expression. He must have 
added 4 and 3 because it says he got 7.

 ELD.PI.6.8

DEVELOP ACADEMIC LANGUAGE

SMP 3, 6, 7, 8
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Data Source: U.S. Geological Survey

The Richter Scale

Background
A seismograph records earthquake vibrations 
as waves. The Richter scale measures the 
amplitude of these waves to determine the 
earthquake’s magnitude. Each whole number 
increase on the scale represents a tenfold 
increase in magnitude.

 EP&C 4 Opportunity

WHY? Support students in using their 
understanding of exponents to interpret 
a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder.
See Slide Notes.
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LESSON 5 | SESSION 3 

Develop Using Order of Operations  
with Expressions with Exponents

➤	Read and try to solve the problem below.

Puebla, Mexico has been known for its Talavera tiles since 
the 1500s. Today, artists in the United States use Talavera tiles 
on buildings and walkways. 

Three stages of a pattern with tiles are shown below. 
How many tiles are needed to make Stage 40 of the pattern?

Stage 1 Stage 2 Stage 3

TRY 
IT Math Toolkit grid paper, unit tiles

Ask: How does 
your strategy show 
or describe the tile 
pattern?

Share: My strategy 
shows . . .

DISCUSS IT

101

Possible work:

SAMPLE A

Stage 40 will have a 40 by 40 square of tiles in  
the middle and 4 tiles at the outer corners. 

 40 • 40 1 4 5 1,600 1 4 5 1,604

For Stage 40, the number of tiles is 1,604.

SAMPLE B

Stage number 1 2 3 4 …

Tiles in inner square 1 4 9 16 …

Total Number of Tiles 5 8 13 20 …

The total number of tiles is always 4 more than the stage number squared. 

Stage 40: 4 1 402 5 4 1 1,600 5 1,604

There are 1,604 tiles needed for Stage 40.

Stage 4 Stage 5
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Lewis began to make drawings of 
his own inventions. He worked hard 
and patented several inventions. 
One was a long-burning light bulb.

Other inventors asked Lewis to work with them. He drew 
the diagrams for Alexander Graham Bell’s telephone and 
worked on many inventions with Thomas Edison.

Later in his life, Lewis taught 
mechanical drawing and English 
to recent immigrants. He spoke 
out for racial equality. Through a 
life of hard work, Lewis Latimer 
helped change the world.

Lewis believed that science and technology could 
improve people’s lives. He oversaw the installation of 
streetlights in cities like New York and Philadelphia 
and wrote the first book on electric lighting.

Math Practice 3 Connection
Lewis constructed arguments and analyzed the reasoning of others. His arguments 
explained the importance of his inventions. He also shared information about his inventions 
in writing and in diagrams. 

Reflection 
Questions

1 Lewis worked hard to learn new skills. When have you learned a 
new skill?

2 When do you make arguments and analyze people’s reasoning?
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 Keenan is running for school council president. He receives 300 votes, which is 
60% of all the votes. How many students vote in the election? Explain how you 
found your answer.

3

 Students sell 80% of the books at a book sale. They sell 48 books in all. How many 
books are at the book sale? Show your work.

4

 Koko reads aloud with her brother, Jacy, every evening.  
They have read 147 pages of a book. This is 70% of  
the book. How many pages do they have left to read?  
Show your work.

5

LESSON 18 | SESSION 3

 SOLUTION  

 SOLUTION  
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Spotlight On ...

LLeewwiiss  LLaattiimmeerr
Lewis Latimer (1848–1928) was an inventor. He developed his 
own inventions and worked with other well-known American 
inventors. He contributed to inventions, including the 
telephone and electric lighting, that dramatically changed 
people’s lives.

Lewis Latimer was born near Boston. Before 
he was born, his parents had escaped from 
slavery. Lewis attended school as a child and 
also worked hard to learn new skills and help 
support his family.

Lewis was only 16 when he joined the Navy 
and fought for the Union during the Civil War.

After the war, Lewis 
worked as an assistant 
at a law firm specializing 
in patents. A patent says 
who owns a new 
invention. Skilled 
draftsmen used special 
tools to make mechanical 
drawings of those new 
inventions. Lewis worked 
hard to teach himself 
mechanical drawing. He 
did so well that he was 
soon a draftsman.

STEMSTEM Stories
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LESSON 10 | SESSION 3

Apply It

➤	Use what you learned to solve these problems.

 Find the quotient    2 ·· 3    4    2 ·· 5    . Show your work.4

b

3
4 yd

 SOLUTION  

 The parallelogram has an area of 1    1 ·· 8    yd2. Use the formula A 5 bh to find the 

length of the base, b. Show your work.

5

 SOLUTION  

 SOLUTION  

 It takes Caitlin    5 ·· 6    minute to upload a video to her blog. How  

much of one video can she upload in    1 ·· 2    minute? Show your work.

6
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LESSON 16 | SESSION 2

 Angela starts a blog about basketball. In the first 4 days, the blog 
gets 22 subscribers. At this rate, how many subscribers can Angela 
expect to have in 30 days? Show your work.

3

Weeks Dollars

7 224

9 288

11 352

 SOLUTION  

 Ximena types a 2,500-word essay. In 9 minutes, she types 396 words. At this rate, 
can Ximena type the essay in an hour? Explain.

4

 Andrew saves the same amount of money each week. The table shows the 
amount he saves in different numbers of weeks. How much money does 
Andrew save in 40 weeks? Show your work.

5

 SOLUTION  
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DISCUSS IT

TRY IT

Support Partner Discussion
After students work on Try It, encourage them to respond to Discuss It with a partner. 
If students need support in getting started, prompt them to ask each other questions 
such as:
• How can you describe the pattern of the tiles using words and numbers?
• How can you tell that your model matches the pattern of the tiles?

Common Misconception Listen for students who forget to add the 4 tiles at the 
outer corners, or mistakenly add 4 more tiles to the stage number before squaring it. 
As students share their strategies, guide them to notice that the 4 tiles at the outer 
corners remain the same at each stage, and must be added to the number of tiles in 
the inner square after squaring the stage number.

Purpose
• Develop strategies for evaluating expressions with 

exponents.

• Recognize that exponents are evaluated before 
multiplication, addition, or subtraction.

LESSON 5 | SESSION 3 

Develop Using Order of Operations with Expressions with Exponents

SMP 1, 2, 4, 5, 6

Make Sense of the Problem
See Connect to Culture. Before students work on  
Try It, use Co-Craft Questions to help them make 
sense of the problem. Ask students to write a 
question about the tiles that can be answered using 
math, such as How does the number of tiles increase 
at each stage? Have students discuss their questions 
with a partner.

WHY? Model interpreting long sentences by 
breaking them apart and inferring details.

HOW? Display the sentence from Connect It 
problem 1a: Jayden evaluated the expression 
4 1 32 by adding first to get 72. Think aloud to 
interpret the meaning: It says Jayden evaluated 
the expression by adding, but it doesn’t say what 
he added. I’ll look at the expression. He must have 
added 4 and 3 because it says he got 7.

 ELD.PI.6.8

DEVELOP ACADEMIC LANGUAGE

SMP 3, 6, 7, 8
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Data Source: U.S. Geological Survey

The Richter Scale

Background
A seismograph records earthquake vibrations 
as waves. The Richter scale measures the 
amplitude of these waves to determine the 
earthquake’s magnitude. Each whole number 
increase on the scale represents a tenfold 
increase in magnitude.

 EP&C 4 Opportunity

WHY? Support students in using their 
understanding of exponents to interpret 
a display.

DEVELOP DATA LITERACYSTART

DATA TALK
Ask students 
what they notice 
and wonder.
See Slide Notes.
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LESSON 5 | SESSION 3 

Develop Using Order of Operations  
with Expressions with Exponents

➤	Read and try to solve the problem below.

Puebla, Mexico has been known for its Talavera tiles since 
the 1500s. Today, artists in the United States use Talavera tiles 
on buildings and walkways. 

Three stages of a pattern with tiles are shown below. 
How many tiles are needed to make Stage 40 of the pattern?

Stage 1 Stage 2 Stage 3

TRY 
IT Math Toolkit grid paper, unit tiles

Ask: How does 
your strategy show 
or describe the tile 
pattern?

Share: My strategy 
shows . . .

DISCUSS IT

101

Possible work:

SAMPLE A

Stage 40 will have a 40 by 40 square of tiles in  
the middle and 4 tiles at the outer corners. 

 40 • 40 1 4 5 1,600 1 4 5 1,604

For Stage 40, the number of tiles is 1,604.

SAMPLE B

Stage number 1 2 3 4 …

Tiles in inner square 1 4 9 16 …

Total Number of Tiles 5 8 13 20 …

The total number of tiles is always 4 more than the stage number squared. 

Stage 40: 4 1 402 5 4 1 1,600 5 1,604

There are 1,604 tiles needed for Stage 40.

Stage 4 Stage 5
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Connect with Home 
Language
The Cognate Support routine at 
the start of each unit encourages 
English Learners to use their 
first language so they can make 
associations to academic words.

Connect to Culture 
invites students to share 
their own experiences to 
connect the mathematics 
to their own lives.
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UNIT 1

Prepare for Unit 1

Prepare for Unit 1
• Read the directions and the headings in the table, 

or have a student do so. Call on volunteers to 
explain the task in their own words.

• Have students work with a partner to fill in as 
much of the table as they can. Encourage students 
to use models or manipulatives such as grid paper 
or connecting cubes to support their work. 
Circulate and validate responses and clarify any 
misconceptions.

• After most students have finished, debrief with 
whole class discussion.

Build Academic Vocabulary
• Display academic terms used throughout this unit: 

analyze, model (noun and verb forms), quantity, 
reasoning, and strategy. Students will likely have 
some prior knowledge of the terms from math 
learning in previous grade levels. Use the 
Academic Vocabulary routine described in Unit 1 
Professional Learning to provide explicit 
instruction and active engagement.

• Academic vocabulary for each lesson is listed in 
the Lesson Overview. The chart below includes 
Spanish cognates for academic vocabulary 
introduced in the unit and in each lesson. 
To support students whose primary language is 
Spanish, use the Cognate Support routine 
described in Unit 1 Professional Learning.

• Support students as they move from informal 
language to formal academic language by using 
the Collect and Display routine. Have students 
refer to the chart during discussion and writing.

Cognates for Academic Vocabulary in Unit 1

ACADEMIC 
WORD

analyze

constant

corresponds to

identical

in common

model (n)

SPANISH 
COGNATE

analizar

constante

corresponder a

idéntico(a)

en común

modelo

ACADEMIC 
WORD

quantity

reasoning

relate to

represent

strategy

substitute

vertical

SPANISH 
COGNATE

cantidad

razonamiento

relacionado con

representar

estrategia

sustituir

vertical

6 UNIT 1  Prepare for Area, Algebraic Expressions, and Exponents  Expressions and Equations: Area, Algebraic Expressions, and Exponents
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UNIT 1 Prepare for Area, Algebraic Expressions, and Exponents

➤	Use the table to list what you know about perimeter, area, and volume.

Perimeter Area Volume

Shape

What the 
 measurement is

How to find the 
 measurement for 
the shape shown

Formula(s) for the 
shape shown

Example units

Situation the 
 measurement 
could be used for

Related words border length, 
around, width

6

the distance around a 
shape

, 1 w 1 , 1 w;

2, 1 2w

to find how much 
fence you need to go 
around a garden

inches; meters

Add the length of 
each side.

the amount of space 
inside a 2-D shape

, 3 w

to figure out how 
much paint you need 
for a wall

square feet

surface, floor, height, 
base, width

Multiply length times 
width.

the amount of space 
inside a 3-D shape

, 3 w 3 h

to compare how 
much space is inside 
refrigerators

cubic centimeter

3-D, height, width, 
length

Multiply the length, 
width, and height.
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Connect to Culture
	➤ Use these activities to connect with and leverage the diverse backgrounds 

and experiences of all students. Engage students in sharing what they 
know about contexts before you add the information given here. 

Protocols for Engagement Where in Lesson Validates

Call and Response
Teacher calls and students respond. For example, “I say 
“READY SET,” you say “YOU BET!”

To start class and/or bring students 
back together after breakout work 

group identity, connectedness 

Somebody Who
Use a random identifier (e.g., has a pet) and invite the 
identified students to stand. Each one shares their response 
to a question.  

Session 2 Connect It: Facilitate Whole 
Class Discussion

socio-centric, spontaneity  

Give One, Get One
Students mingle to find a partner and then give an idea and 
get an idea.  

Session 3 Try It: Model it social interaction, movement, shared 
responsibility

SESSION 1 

Try It If any student has a skateboard, ask them to describe it. As a result of 
advanced technology and art, skateboards have transformed from plain boards  
with wheels to numerous unique designs. Now, the millions of people who enjoy 
skateboarding have a great number of designs to choose from, each one expressing 
their individual creativity. Ask students what design they would choose if they were 
to design their own skateboard.

SESSION 2 

Try It Acoma (ACK-uh-muh) Pueblo is a pueblo in New Mexico known for its 
pottery. A pueblo is a settlement often made up of homes made from wood and a 
type of clay called adobe. The Acoma Pueblo has a unique type of clay that allows 
for their pottery to be thin, yet strong. The houses are made up of about 30% clay, 
while the pottery is almost all clay. Ask students to imagine what climate and land 
conditions would need to exist to live in a house partially made of clay.

Apply It Problem 4 State parks in the United States are areas dedicated to 
preserving the natural beauty of the earth. They may contain forests, beaches, lakes, 
specific wildlife, and many other things. Make a quick list of state or local parks in 
the area that students know of. Discuss the ways parks are designed to preserve the 
natural environment. Ask students who have visited a park to describe one part of 
the park that they enjoyed.

SESSION 4 

Apply It Problem 8 Flags for countries around the world are often made of 
different geometric shapes. Most flags are rectangles and have different designs on 
them. Only one country’s flag is not a rectangle: Nepal’s. Japan’s flag has a circle, 
Jordan’s flag has a triangle, and Saba’s flag has a parallelogram. Ask students to 
describe the geometric shapes used in the flag of a country of their choice.

4 ft4 ft

6 ft
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Protocols for Engagement use cultural communication modes 
while structuring activities to welcome all students’ participation.  
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Connect to Culture
	➤ Use these activities to connect with and leverage the diverse backgrounds 

and experiences of all students. Engage students in sharing what they 
know about contexts before you add the information given here. 

Protocols for Engagement Where in Lesson Validates

Call and Response
Teacher calls and students respond. For example, “I say 
“READY SET,” you say “YOU BET!”

To start class and/or bring students 
back together after breakout work 

group identity, connectedness 

Somebody Who
Use a random identifier (e.g., has a pet) and invite the 
identified students to stand. Each one shares their response 
to a question.  

Session 2 Connect It: Facilitate Whole 
Class Discussion

socio-centric, spontaneity  

Give One, Get One
Students mingle to find a partner and then give an idea and 
get an idea.  

Session 3 Try It: Model it social interaction, movement, shared 
responsibility

SESSION 1 

Try It If any student has a skateboard, ask them to describe it. As a result of 
advanced technology and art, skateboards have transformed from plain boards  
with wheels to numerous unique designs. Now, the millions of people who enjoy 
skateboarding have a great number of designs to choose from, each one expressing 
their individual creativity. Ask students what design they would choose if they were 
to design their own skateboard.

SESSION 2 

Try It Acoma (ACK-uh-muh) Pueblo is a pueblo in New Mexico known for its 
pottery. A pueblo is a settlement often made up of homes made from wood and a 
type of clay called adobe. The Acoma Pueblo has a unique type of clay that allows 
for their pottery to be thin, yet strong. The houses are made up of about 30% clay, 
while the pottery is almost all clay. Ask students to imagine what climate and land 
conditions would need to exist to live in a house partially made of clay.

Apply It Problem 4 State parks in the United States are areas dedicated to 
preserving the natural beauty of the earth. They may contain forests, beaches, lakes, 
specific wildlife, and many other things. Make a quick list of state or local parks in 
the area that students know of. Discuss the ways parks are designed to preserve the 
natural environment. Ask students who have visited a park to describe one part of 
the park that they enjoyed.

SESSION 4 

Apply It Problem 8 Flags for countries around the world are often made of 
different geometric shapes. Most flags are rectangles and have different designs on 
them. Only one country’s flag is not a rectangle: Nepal’s. Japan’s flag has a circle, 
Jordan’s flag has a triangle, and Saba’s flag has a parallelogram. Ask students to 
describe the geometric shapes used in the flag of a country of their choice.

4 ft4 ft

6 ft
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Connect to Culture
	➤ Use these activities to connect with and leverage the diverse backgrounds 

and experiences of all students. Engage students in sharing what they 
know about contexts before you add the information given here. 

Protocols for Engagement Where in Lesson Validates

Call and Response
Teacher calls and students respond. For example, “I say 
“READY SET,” you say “YOU BET!”

To start class and/or bring students 
back together after breakout work 

group identity, connectedness 

Somebody Who
Use a random identifier (e.g., has a pet) and invite the 
identified students to stand. Each one shares their response 
to a question.  

Session 2 Connect It: Facilitate Whole 
Class Discussion

socio-centric, spontaneity  

Give One, Get One
Students mingle to find a partner and then give an idea and 
get an idea.  

Session 3 Try It: Model it social interaction, movement, shared 
responsibility

SESSION 1 

Try It If any student has a skateboard, ask them to describe it. As a result of 
advanced technology and art, skateboards have transformed from plain boards  
with wheels to numerous unique designs. Now, the millions of people who enjoy 
skateboarding have a great number of designs to choose from, each one expressing 
their individual creativity. Ask students what design they would choose if they were 
to design their own skateboard.

SESSION 2 

Try It Acoma (ACK-uh-muh) Pueblo is a pueblo in New Mexico known for its 
pottery. A pueblo is a settlement often made up of homes made from wood and a 
type of clay called adobe. The Acoma Pueblo has a unique type of clay that allows 
for their pottery to be thin, yet strong. The houses are made up of about 30% clay, 
while the pottery is almost all clay. Ask students to imagine what climate and land 
conditions would need to exist to live in a house partially made of clay.

Apply It Problem 4 State parks in the United States are areas dedicated to 
preserving the natural beauty of the earth. They may contain forests, beaches, lakes, 
specific wildlife, and many other things. Make a quick list of state or local parks in 
the area that students know of. Discuss the ways parks are designed to preserve the 
natural environment. Ask students who have visited a park to describe one part of 
the park that they enjoyed.

SESSION 4 

Apply It Problem 8 Flags for countries around the world are often made of 
different geometric shapes. Most flags are rectangles and have different designs on 
them. Only one country’s flag is not a rectangle: Nepal’s. Japan’s flag has a circle, 
Jordan’s flag has a triangle, and Saba’s flag has a parallelogram. Ask students to 
describe the geometric shapes used in the flag of a country of their choice.

4 ft4 ft

6 ft
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Practice That’s Just Right
Robust practice options, digitally and in print, means all students have the 
right practice with the rigor of the California Common Core State Standards 
for Mathematics for deep conceptual understanding and procedural fluency. 

Lesson-Level Practice Opportunities

Apply It problems are found 
in every lesson and encourage 
students to solve the problems 
flexibly using any strategy.

Additional Practice appears in 
every session. Students build 
proficiency with the strategies 
learned in class and apply those 
ideas to answer critical-thinking 
questions and new problems.

Student Worktext

Teacher Digital Experience

Apply It Problems Additional Practice Refine Sessions

©Curriculum Associates, LLC Copying is not permitted.LESSON 2 Find the Area of Triangles and Other Polygons32

LESSON 2 | SESSION 2

Apply It

➤	Use what you learned to solve these problems.

 Forest managers plant trees in a triangular section of a state park. The managers 
model the area on grid paper. Each grid square represents 1 km2. What is the area 
of the triangular section where they plant trees? Show your work.

4

SOLUTION  

 What is the area of the triangle? Show your work.

9.4 cm
10 cm

10 cm

7 cm

5

SOLUTION  

 Elena claims that the expression    1 ·· 2   (4)(5) represents the area of the triangle, in 

square inches. Explain why Elena is not correct. Then explain how to correct her 

error and find the area of the triangle.

4 in.

5 in.

3 in.

6
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LESSON 2 | SESSION 2

Practice Finding the Area of a Triangle
➤	Study the Example showing how to find the area of a triangle.  

Then solve problems 1–5.

Example

Students in an art club are painting a design on a wall  
of their school. Rodrigo paints the triangle shown.  
What is the area of the triangle? 

You can use a formula to find the area. Use the side  
labeled 4 ft as the base. Then the height is 3 ft.

 A 5    1 ·· 2   bh

  5    1 ·· 2   (4)(3)

  5    1 ·· 2   (12)

  5 6

The area of the triangle is 6 ft2.

3.5 ft
4 ft

3 ft

4 m

4.4 m

3.7 m

4 m

 Suppose the height of Rodrigo’s triangle in the Example is doubled. Will the area 
of the triangle also double? Explain how you know. 

1

 Alita and her uncle repair the sail of their boat before they go to Shasta 
Lake in northern California.  The sail is shaped like a triangle as shown. 
What is the area of the sail? Show your work.

2

SOLUTION  

Name:
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LESSON 2 | SESSION 4 

➤	Complete the Example below. Then solve problems 1–9.

5 in. 10 in.

7 in.

6 in.
4 in.

5 in.

6 ft

3  ft1
2

Refine Finding the Area of Triangles  
and Other Polygons

CONSIDER THIS . . .
You can use lengths you  
know to find lengths  
that are not labeled. 

SOLUTION  

Example

Rachel has a poster board.  
She cuts away a triangle and  
a rectangle from two corners.  
What is the area of the poster  
board that remains?

Look at how you could use a table  
to organize your work.

Base Height Area
Poster board 5 1 10 5 15 4 1 5 5 9 15 • 9 5 135

Triangle 5 4    1 ·· 2    • 5 • 4 5 10

Rectangle 15 2 7 5 8 9 2 6 5 3 8 • 3 5 24
Remaining area 135 2 10 2 24

Apply It

 Find the area of the triangle. Show your work.1

PAIR/SHARE
How could you solve the 
problem another way? 

CONSIDER THIS . . .
How can you multiply  
a mixed number by a 
whole number? 

PAIR/SHARE
How would your answer  
change if the base of  
the triangle were 3 ft  
instead of 6 ft?

SOLUTION  
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Interactive Digital Practice 
is assignable and auto-graded 
digital practice that reinforces 
understanding. Teachers receive 
performance reports, while students 
receive immediate, meaningful 
feedback to keep them on track. 

Assignable 
Interactive Practice Fluency and Skills Practice

©Curriculum Associates, LLC Copying permitted for classroom use.

FLUENCY AND SKILLS PRACTICE Name:

Writing and Solving Equations with 
Two or More Addends
Solve each equation. The answers are mixed up at the bottom of the page.  
Cross out the answers as you complete the problems.

1  8x 1 15 5 63 2  9x 2 13 5 23 3  135 5 2x 1 25

     

4  33 5 32x 2 31 5  12x 2 16 5 68 6  7x 1 115 5 136

     

7  82 5 4x 1 14 8  2x 2 56 5 34 9  3x 2 4    1 ·· 2    5 219    1 ·· 2   

     

10  10 5 2   1 ·· 4   x 1 12  11  6x 1 4.59 5 11.19 12  25.68 5 2x 2 6.32

     

Answers

x 5 1.1 x 5 45 x 5 25 x 5 6

x 5 7 x 5 16 x 5 4 x 5 55

x 5 17 x 5 8 x 5 2 x 5 3

GRADE 7  LESSON 18

LESSON 18

Fluency and Skills Practice  
is an optional targeted practice 
that uses patterns and repeated 
reasoning to build mathematics 
skills. Available as a student 
workbook or as PDFs on the 
Teacher Toolbox.

Personalized 
Instruction

Personalized Instruction 
is an optional add-on that 
provides lessons designed 
to accelerate growth and 
grade-level learning.
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Unit-Level Practice Opportunities

Performance Tasks are problems 
that tie to Depth of Knowledge 
levels, the California standards, and 
the CAASPP and its claims.

Desmos Quick Connects 
give students access to the 
online graphing and scientific 
calculators, as well as geometry 
tools, to explore concepts and 
deepen understanding.

Learning Games offer a 
multisensory approach to 
engaging students in fluency 
practice in a low-stakes setting.

Teacher Digital Experience Student Worktext

Unit Games Performance 
Tasks

Unit Review

Cumulative Practice

Unit Games are a fun way 
to review unit content. 

Practice Opportunities for Any Time

Learning Games Desmos Quick Connects

144 ©Curriculum Associates, LLC Copying is not permitted.UNIT 1  Unit Review  Expressions and Equations: Area, Algebraic Expressions, and Exponents

UNIT 1 Unit Review

8 in.

x in.
x in.

➤	Use what you have learned to complete these problems.

 Find the area of the triangle.

8 in.

4  in.1
2

1

A 16 in.2 B 18 in.2

C 32 in.2 D 36 in.2

 Draw a line to match each statement on the left with the algebraic expression that 
represents the same value.

2

f(5 2 3)

(5 2 f ) 1 3

5 4 3f 

(3 1 5) 2 f

a.  three more than the difference of five and a number

b.  five divided by the product of three and a number

c. a number times the difference of five and three

 Micah has a first aid kit shaped like a square prism. 
The expression 32x 1 2x2 represents the surface area of the 
first aid kit where the base edges are x inches long. Complete 
the equation to find the surface area of the first aid kit when 
x is 12. Write your answers in the blanks. 

3

32(    in.) 1 2(    in.)    5     in.2 

 What is the value of the expression 3[12 1 (43 2 25)] 1 23? Show your work.4

SOLUTION  
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UNIT 1 Performance Task

➤	Answer the questions and show your work on separate paper.

Building a Ramp
A carpenter is building a plywood ramp for the school play. The net shows the 
plans for the ramp.

2.6x ft

2.4x ft

x ft

x ft

Bottom

Top

 What three-dimensional shape does the net make?

 The width of the bottom of the ramp is x feet. What is the length?

 Once the ramp is built, the carpenter will completely cover its surface with sealant 
to protect it. What is the surface area of the ramp when x is 5 feet?

 The carpenter builds a second ramp where x is 10 feet. They expect to need twice 
as much sealant to cover the surface area of the second ramp because it is 2 times 
as tall as the first ramp. 

 Using your answer from problem 3, give an explanation to convince the carpenter 
that they are incorrect.

1

2

3

4
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UNIT 6 Cumulative Practice Name:

Set 5 Multiply and Divide with Negative Numbers

	➤ Multiply or divide. Show your work. 

 2   1 ·· 5    (230)  23    1 ·· 5    4    4 ·· 7    9  1 26   1 ·· 4   2  

 11.7 4 (26.5)  24    1 ·· 3    3 (26.2)  21.2(26) 4 (20.5)

Set 6 Add Opposites

	➤ Write an addition equation to represent and solve each problem.

 The temperature increases by 6°F to 0°F. What was the original temperature?

 Fajah has $8. She spends $8 on her lunch. How much money does she have after  
buying lunch?

 A diver is swimming at an elevation of 212 meters relative to sea level. She swims  
up 12 meters. What is her elevation now?

 A football team gains 5 yards on their first play. It loses 5 yards on the next play.  
How many yards did it gain in total over the two plays?

 The temperature changes by 22°C to 0°C. What was the original temperature?

1 2 3

4 5 6

1

2

3

4

5

Spiral Review and Cumulative 
Practice is available in every 
unit. Students revisit previously 
learned content to deepen their 
understanding and retention.

Cards
TOY SHOP

Dimes Nickels Pennies

Toy Toy Toy

© Curriculum Associates, LLC 
Copying permitted for classroom use.

Geometry Tool

Additional Tools:

•	 Base-Ten Blocks

•	 Counters and 
Connecting Cubes

•	 Perimeter and Area

•	 Multiplication Models

•	 Fraction Models

•	 Number Line
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See What They Know
Classroom Mathematics California includes print and digital assessments to understand 
student learning and inform next instructional steps, including differentiation.

Assess Prerequisite Skills 

The Diagnostic, a prerequisite screener:

•	 Is online, adaptive, and pinpoints 
students’ strengths while addressing 
prerequisites efficiently with curated 
resources

•	 Replaces unit assessments, which means 
more time for teaching 

•	 Offers validity and reliability vetted by 
third parties

•	 Criterion referenced: Compare 
students’ performance against 
the standards. 

•	 Norm referenced: Compare students’ 
performance to other students.

State and Nationally Recognized
Numerous third parties have deemed the Diagnostic as a valid and reliable academic screener 
and progress monitoring tool.

Received a positive 
review in The Twentieth 
Mental Measurements 

Yearbook (published by 
the Buros Center  

for Testing)

Received high ratings 
from the National Center 
on Intensive Intervention

THE EDTECH
AWARDS

LEADERSHIP
FINALIST 2023

TRENDSETTER
FINALIST 2023

COOL TOOL
FINALIST 2023

THE EDTECH
AWARDS

THE EDTECH
AWARDS

THE EDTECH
AWARDS

“Centered” applications
 such as:
 Badges
 Splash screens
 Wearables
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Paper/Pencil Lesson Quizzes  
and Unit Assessments

•	 Download as PDF or editable Microsoft Word® 
document.

•	 Assign resources to Google Classroom  
or any learning management system (LMS).

Comprehension Checks

•	 Comparable to Lesson Quizzes and Unit 
Assessments 

•	 Assign premade version or customize to  
add/remove questions.

•	 Auto-graded; provides instructional next steps

Assess Student Understanding and Monitor Progress

Accelerate Learning  
for All Students
The Grade-Level Planning (Prerequisites) 
report helps you understand every 
student’s needs as related to upcoming 
grade-level lessons. 

1  �Learning Progression: Understand 
the progression of standards going 
back two-plus years.

2  �Whole Class Guidance and  
Pacing Support: Integrate and 
scaffold prerequisite skills into  
the grade-level content scope  
and sequence.

3  �Small Group Resources: Address 
specific in-depth needs with 
targeted resources for teacher-led, 
partner, and independent activities.

Unit

Unit 3 (Lessons 14–16)

Major themes of unit

Unit 3: Multi-Digit Operations and Measurement: Multiplication, Division, Perimeter and Area

In Lessons 14–16 of this unit, students use what they know about place value, multiplication, and 
division to divide three- and four-digit numbers by one-digit divisors. They will also build on the… 

+ Show More
Unit Flow and
Progression

(03:23)

Learning
Progression

Identify Class Prerequisite Needs

3863

Group A Group B Group C Group D

Unit Group A
Understand Grouping
3 Students

Unit Group B
Understand Grouping
6 Students

Unit Group C
Understand Grouping
8 Students

Unit Group D
Understand Grouping
3 Students

View All Students

Maximize Whole Class Instruction

Focus on grade-level instruction, integrating 
On-the-Spot Teaching Tips to support students’ 
connections to prerequisite skills. As needed, use 
the Recommended Resources to provide additional 
support for addressing prerequisite content ahead 
of upcoming lessons.

Prerequisite Skills for Upcoming Instruction
As you plan upcoming instruction, consider recommended resources for prerequisite skills 
while maintaining pace with grade-level instruction. Key

Lesson 14: Divide Three-Digit Numbers

Lesson 15: Divide Four-Digit Numbers

3 6 8 3

Group A Group B Group C Group D

View Resources

Fluently subtract three-digit numbers

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Multiply one-digit numbers by up to four-digit 
numbers

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Lesson 16: Find Perimeter and Area

Understand area and perimeter

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Know the Math: Classroom Mathematics California 
Unit Overview

Understand the relationship between multiplication 
and division

(Priority Prerequisite Skill)

Yearly Pacing for Prerequisites

Unit and Lesson Support (On-the-Spot Teaching Tips)

Regina MooreAssess & Teach HelpManagement Reports

Grade-Level Planning (Prerequisites)

Subject

Math

Class/Report Group

I. Graves - Grade 4, S…

Grade

4

1

2

3

Ms. GreeneAssess & TeachRosters HelpReports

Comprehension Check Results 

Key

Class/Report Group

Grade 6, Section 1 Divide Fractions

Comprehension CheckSubject

Math

Student Score Date Duration 1 2 4 53

Showing 18 of 19

View Comprehension CheckComprehension Check Summary
Lesson 10: Divide Fractions

Question Analysis

Di
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of
 R

es
ul

ts

1 2 3 4 5

Students Completed/Assigned: 18/19
0 Students Unassigned

Average Score

70%
Average Score

Banks, Abby

Sanchez, Laura

Graves, Christian

Cheng, Bianca

Chaney, Juan Sebastian

Delaney, Aaron

Vargas, Brian

Lindsey, Lillian

Gonzales, Bella

Pena, Jaylen

Alvarado, Axel

Hopper, Carla

Royce, Logan

McIntosh, Markus

Vu, Kaylee

Patel, Annika

Hernandez, Tiana

Byers, Evan

12/13/19

12/13/19

12/13/19

12/16/19

12/17/19

12/13/19

12/16/19

12/18/19

12/13/19

12/13/19

12/13/19

12/16/19

12/16/19

12/13/19

12/13/19

12/13/19

12/16/19

12/13/19

10m

14m

13m

9m

13m

15m

13m

12m

12m

14m

9m

11m

8m

13m

14m

9m

8m

10m

100%

100%

100%

90%

90%

80%

80%

80%

70%

70%

70%

60%

60%

50%

50%

40%

40%

30% 

     

English

PDF

Item 1

Comprehension Check Results

Students may have an incorrect response because they may not understand how the relationship between the dividend and divisor

can be used to determine whether a quotient is less than, greater than, or equal to      .          

Students who classified         as greater than       may have thought that when the divisor is greater than the dividend, 

the quotient is greater than      .

Students who classified         and/or    as less than       may have thought that when the divisor is less than the dividend, 

the quotient is less than      .

Students who classified                  as less than       may have thought that the dividend is less than the divisor because the 

numerator and denominator of the dividend are both less than the numerator and denominator of the divisor.

1

1

1

1

1

1

4
9

1
3

1 2 3

Correct answers:

4
9

1
3

1
8

4
5

1
8

4
5

5
10

1
2

5
10

1
2

1
4

8
6

1
4

8
6,

1 2 3

Subject
Student
Student ID
Student Grade
Comprehension Check
Assessment Language
Score
Date

Math
Brian Vargas
vargas_brian
6
Divide Fractions A
English
80%
12/11/20

0.75/1 point

Page 1 of 2

LESSON 12 • QUIZ Name:

GRADE 8  LESSON 12  Understand Systems of Linear Equations in Two Variables
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Solve the problems.

1  The graph of a system of two linear equations is 
shown. How many solutions does the system of 
equations have?

A No solution B One solution

C Two solutions D Infinitely many solutions

2  A system of linear equations has infinitely many solutions. What is known about 
the slopes and y-intercepts of the graphed equations? Explain your reasoning.

 SOLUTION  

  

  

  

  

3  Use two of the equations below to write a system of equations with no solution.

 y 5 3x 1 1   y 5 3x 2 1   2 y 5 2 3x 1 1

Explain your reasoning.

 SOLUTION  

  

  

  

x

0 2 4 6 8 10
0

4

2

6

8

10
y
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GRADE 8  LESSON 12  Understand Systems of Linear Equations in Two Variables
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4  Kylie and Matt are driving out of town, leaving from the same house in different 
cars. Matt drives at a rate of 40 miles per hour. Matt drives 50 miles before Kylie 
begins traveling. Kylie drives at a rate of 50 miles per hour.

PART A

The system of equations represents the distance, y, from the starting point of each 
driver x minutes after Kylie starts driving. 

 y 5 40x 1 50

 y 5 50x 

Graph the system in the coordinate plane and label each line with the driver 
it represents.

x

0 2 4 6 8 10 12
0

200

100

300

400

500
y

Time (h)

D
is

ta
n

ce
 (m

i)

PART B

Describe a situation in which Kylie and Matt are traveling but are never the 
same distance from the starting point at the same time. Write a system of 
equations to model the situation. How many solutions does the system have? 
Explain your reasoning.

 SOLUTION  

  

  

  

  

Microsoft Word® is a registered trademark of Microsoft Corporation.
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Differentiation
Classroom Mathematics California integrates UDL principles to create instructional goals, methods, 
materials, and assessments that work for differentiating instruction for all students.

Unit

Unit 3 (Lessons 14–16)

Major themes of unit

Unit 3: Multi-Digit Operations and Measurement: Multiplication, Division, Perimeter and Area

In Lessons 14–16 of this unit, students use what they know about place value, multiplication, and 
division to divide three- and four-digit numbers by one-digit divisors. They will also build on the… 

+ Show More
Unit Flow and
Progression

(03:23)

Learning
Progression

Identify Class Prerequisite Needs

3863

Group A Group B Group C Group D

Unit Group A
Understand Grouping
3 Students

Unit Group B
Understand Grouping
6 Students

Unit Group C
Understand Grouping
8 Students

Unit Group D
Understand Grouping
3 Students

View All Students

Maximize Whole Class Instruction

Focus on grade-level instruction, integrating 
On-the-Spot Teaching Tips to support students’ 
connections to prerequisite skills. As needed, use 
the Recommended Resources to provide additional 
support for addressing prerequisite content ahead 
of upcoming lessons.

Prerequisite Skills for Upcoming Instruction
As you plan upcoming instruction, consider recommended resources for prerequisite skills 
while maintaining pace with grade-level instruction. Key

Lesson 14: Divide Three-Digit Numbers

Lesson 15: Divide Four-Digit Numbers

3 6 8 3

Group A Group B Group C Group D

View Resources

Fluently subtract three-digit numbers

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Multiply one-digit numbers by up to four-digit 
numbers

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Lesson 16: Find Perimeter and Area

Understand area and perimeter

(Prerequisite Skill)

3 6 8 3

Group A Group B Group C Group D

View Resources

Know the Math: Classroom Mathematics California 
Unit Overview

Understand the relationship between multiplication 
and division

(Priority Prerequisite Skill)

Yearly Pacing for Prerequisites

Unit and Lesson Support (On-the-Spot Teaching Tips)

Regina MooreAssess & Teach HelpManagement Reports

Grade-Level Planning (Prerequisites)

Subject

Math

Class/Report Group

I. Graves - Grade 4, S…

Grade

4

Grade 3
Understand the Meaning of Division
(Lesson 10)

Grade 3
Understand How Multiplication and 
Division Are Connected (Lesson 11)
(Priority Prerequisite Skill) 

3 6 8 3

Group A Group B Group C Group D

Solve Problems Involving Equal Shares Relate Multiplication and Division

Use Related Fact

Find the Missing Number

Use Multiplication to Solve Division

Arranging Desks

Select from all Learning Games

Understand How Multiplication and 
Division Are Connected

Understanding How Multiplication and 
Division Are Connected

Prerequisite skill learning progression for
Lessons 14, 15

Back

Recommended Resources for Prerequisite Skill:

Understand the relationship between multiplication and division   (Priority Prerequisite Skill)

Supporting: Lesson 14: Divide Three-Digit Numbers, Lesson 15: Divide Four-Digit Numbers, (Grade 4, Unit 3)

Focus on grade-level instruction, emphasizing 
connections to prerequisite skills. Consider small 
group instruction as time permits.

View Resources

All Students

Teacher-Led Small Groups

Student-Led Small Groups

Independent Reinforcement

Tools for Instruction Tools for Instruction

Enrichment Activity

Learning Games

Center Activity

Fluency and Skills Practice

Regina MooreAssess & Teach HelpManagement Reports

Grade-Level Planning (Prerequisites)

Unit and Lesson Support 
On-the-Spot Teaching Tips 
suggest additional scaffolding to 
accelerate learning as needed. 

Yearly Pacing for 
Prerequisites  
provides guidance on when and 
how to use Prerequisite Lessons 
to more thoroughly address 
unfinished learning throughout 
the year.

Embedded Recommended 
Resources  
Save time searching for small 
group resources to maintain pace 
with on-grade level instruction.

1

2

2

1

3

3
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Formal and informal 
assessment options 
gather data that will 
inform differentiation.

Differentiate during a Session
Yellow boxes in the Teacher’s Guide 
provide differentiation at point of use.

Differentiate after a Lesson
Examples include:
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Select and Sequence Student Strategies
Select 2–3 samples that represent the range of 
student thinking in your classroom. Here is one 
possible order for class discussion:
• counting grid squares and partial squares in the 

triangle to approximate its area
• decomposing and composing the triangle into 

one or more rectangles
• putting together two copies of the triangle to 

form a parallelogram, and then finding half the 
area of the parallelogram

Facilitate Whole Class Discussion
Call on students to share selected strategies.  
Remind students that good listeners try to 
understand the speaker’s ideas.

Guide students to Compare and Connect the 
representations. Ask students to repeat statements 
that other students might not have heard and 
rephrase them to show they understand.

ASK How does [student name]’s strategy help you to 
find the area of the triangle?

LISTEN FOR Triangles can be decomposed, then 
the resulting parts can be composed into a new 
shape with the same area as the triangle because 
it covers the same amount of space.

Model It
If students presented these models, have 
students connect these models to those presented 
in class.

If no student presented at least one of these 
models, have students first analyze key features of 
the models and then connect them to the models 
presented in class.

ASK Why are the base and height of the triangle in 
each model the same?

LISTEN FOR They are the same in both models 
because it is the same triangle with the height 
drawn perpendicular to the same base side.

For the first model, prompt students to consider 
how a rectangle can be formed by using an identical 
copy of each right triangle.
• Why is the area of each rectangle multiplied by 

one half?
• How does the expression relate to the model?

For the second model, prompt students to identify 
how the triangle relates to the parallelogram.
• What can be done to the triangle to form 

the parallelogram?

Develop
LESSON 2 | SESSION 2

 Deepen Understanding
 Using Structure to Relate a Triangle to a Parallelogram

Prompt students to think about how a figure that they do not know an area formula for 
can be transformed into a figure with a known area formula.

ASK How is the triangle in the second Model It arranged with its copy? Why is the triangle 
arranged with its copy this way?

LISTEN FOR The longer unknown sides of the triangles are matched to form a 
parallelogram. By aligning these two sides, the base and height of the parallelogram 
can be determined.

ASK Can the triangle be arranged with its copy in any other way? Would other methods of 
composition be helpful?

LISTEN FOR The shorter unknown sides can also be matched and the base and height 
of the resulting parallelogram can be determined. A parallelogram can also be formed 
by matching the 8-cm sides, but that would not be helpful because the length of the 
base is not known.

Generalize Encourage students to describe how the same ideas apply to the 
composition strategy shown in the first Model It.

DIFFERENTIATION | EXTEND

SMP 7
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DISCUSS IT  continued

➤	Explore different ways to find the area of a triangle.

Maria’s class is painting a mural on a school wall. Staff at an Acoma 
cultural center help Maria copy an Acoma Pueblo pottery design to 
use in the mural. 

Maria draws her design on 1-centimeter grid paper. She begins with 
one of the triangles. What is the area of Maria's triangle?

Model It
You can find the area of a triangle by decomposing it into two right triangles.

Think of each right triangle as one half of a rectangle.

      6 cm2 cm

4 cm4 cm

Write an expression for the area of Maria’s triangle. 

    1 ·· 2   (2 • 4) 1    1 ·· 2   (6 • 4)

Model It
You can find the area of a triangle by composing the triangle with a copy of itself to 
form a parallelogram.

8 cm

4 cm

The area of the triangle is half the area of the parallelogram.

 A 5    1 ·· 2   (8 • 4)

LESSON 2 | SESSION 2

30
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Select and Sequence Student Strategies
Select 2–3 samples that represent the range of 
student thinking in your classroom. Here is one 
possible order for class discussion:
• counting grid squares and partial squares in the 

triangle to approximate its area
• decomposing and composing the triangle into 

one or more rectangles
• putting together two copies of the triangle to 

form a parallelogram, and then finding half the 
area of the parallelogram

Facilitate Whole Class Discussion
Call on students to share selected strategies.  
Remind students that good listeners try to 
understand the speaker’s ideas.

Guide students to Compare and Connect the 
representations. Ask students to repeat statements 
that other students might not have heard and 
rephrase them to show they understand.

ASK How does [student name]’s strategy help you to 
find the area of the triangle?

LISTEN FOR Triangles can be decomposed, then 
the resulting parts can be composed into a new 
shape with the same area as the triangle because 
it covers the same amount of space.

Model It
If students presented these models, have 
students connect these models to those presented 
in class.

If no student presented at least one of these 
models, have students first analyze key features of 
the models and then connect them to the models 
presented in class.

ASK Why are the base and height of the triangle in 
each model the same?

LISTEN FOR They are the same in both models 
because it is the same triangle with the height 
drawn perpendicular to the same base side.

For the first model, prompt students to consider 
how a rectangle can be formed by using an identical 
copy of each right triangle.
• Why is the area of each rectangle multiplied by 

one half?
• How does the expression relate to the model?

For the second model, prompt students to identify 
how the triangle relates to the parallelogram.
• What can be done to the triangle to form 

the parallelogram?

Develop
LESSON 2 | SESSION 2

 Deepen Understanding
 Using Structure to Relate a Triangle to a Parallelogram

Prompt students to think about how a figure that they do not know an area formula for 
can be transformed into a figure with a known area formula.

ASK How is the triangle in the second Model It arranged with its copy? Why is the triangle 
arranged with its copy this way?

LISTEN FOR The longer unknown sides of the triangles are matched to form a 
parallelogram. By aligning these two sides, the base and height of the parallelogram 
can be determined.

ASK Can the triangle be arranged with its copy in any other way? Would other methods of 
composition be helpful?

LISTEN FOR The shorter unknown sides can also be matched and the base and height 
of the resulting parallelogram can be determined. A parallelogram can also be formed 
by matching the 8-cm sides, but that would not be helpful because the length of the 
base is not known.

Generalize Encourage students to describe how the same ideas apply to the 
composition strategy shown in the first Model It.

DIFFERENTIATION | EXTEND

SMP 7
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DISCUSS IT  continued

➤	Explore different ways to find the area of a triangle.

Maria’s class is painting a mural on a school wall. Staff at an Acoma 
cultural center help Maria copy an Acoma Pueblo pottery design to 
use in the mural. 

Maria draws her design on 1-centimeter grid paper. She begins with 
one of the triangles. What is the area of Maria's triangle?

Model It
You can find the area of a triangle by decomposing it into two right triangles.

Think of each right triangle as one half of a rectangle.

      6 cm2 cm

4 cm4 cm

Write an expression for the area of Maria’s triangle. 

    1 ·· 2   (2 • 4) 1    1 ·· 2   (6 • 4)

Model It
You can find the area of a triangle by composing the triangle with a copy of itself to 
form a parallelogram.

8 cm

4 cm

The area of the triangle is half the area of the parallelogram.

 A 5    1 ·· 2   (8 • 4)

LESSON 2 | SESSION 2

30
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Independent Reinforcement
Learning Games offer fun, 
challenging, and personalized 
practice and help students  
develop a growth mindset.

Differentiated Math 
Center Activities
Differentiated Math Center 
Activities are collaborative games 
that reinforce concepts and skills.

©Curriculum Associates, LLC Copying permitted for classroom use.

ENRICHMENT ACTIVITY Name:

Page 1 of 2

System Solutions

Your Challenge
Use graphing technology to explore solutions to systems of linear equations.* 

a. Open the graphing technology program.

b. Type in the first equation in the field where the equations are entered.

c. Type in the second equation in the field where the equations are entered.

d. Look at the graph to determine if the system of equations has a solution.

1  y 5 x 1 5

  y 5 x 2 3

  Does this system have a solution? If so, what is the solution? Explain.

2  y 5 2x 2 1

  y 5 9x 1 6

  Does this system have a solution? If so, what is the solution? Explain.

3  y 5 8x 1 1

  2y 5 16x 1 2

   Does this system have a solution? If so, what is the solution? Explain.

*  You may need to adjust the steps depending on which calculator or graphing program you use. 
If needed, use Help or Support menus or online tutorials.

LESSON 12

GRADE 8  LESSON 12 

Extension
Enrichment Activities challenge students 
with higher-order thinking tasks and often 
incorporate technology options, like the 
Digital Math Tools powered by Desmos. 
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PROGRAM OVERVIEW

Di�erentiation

For more information about differentiation resources, go to page A69 in the User Guide.

Use data to assess students’ strengths and needs
Gather data about student understanding using the formal and informal assessment 
opportunities in the program. 

Students have a wide range of backgrounds, knowledge, language 
proficiency, and experiences. Classroom Mathematics California provides 
the assessments and resources teachers need to effectively differentiate 
before, during, and after instruction.  This program incorporates essential 
features of Universal Design for Learning (UDL) to create instructional 
goals, methods, materials, and assessments that work for all students.

Observe and Evaluate Student Understanding Using:

LESS FORMAL

Start Activities

Try–Discuss–Connect 
Framework

Language Routines

Hands-On Activities

Self-Check

Practice

Exit Ticket

Big Ideas Organizer

Formative Language 
Assessment

MORE FORMAL

Grade-Level Planning (Prerequisites) 

Comprehension Checks

Lesson Quizzes

Mid-Unit Assessments

Unit Assessments
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Support That Works for You
Find a range of professional learning materials, both in print and digitally,  
to enrich instruction for a wide range of learners.

Implementation 
 Guidance and More

From how-to tips to planning 
tools, get on-demand access to 

everything teachers need on 
i-Ready Success Central.

Pacing Video Series
Stay on track to deliver all 
grade-level content by the 
end of the year.

Lesson Progression
See the progression of previous, 
current, and future lessons 
to help students develop 
conceptual understanding. 
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Area, Algebraic Expressions, and Exponents

UNIT 1

Expressions and Equations

Which lessons are students building upon?

Grade 3, Lesson 12
Multiplication and Division Facts

Grade 4, Lesson 8
Multiples and Factors

Grade 5, Lesson 30
Evaluate, Write, and 
Interpret Expressions

Grade 6, Lesson 4
Work with Algebraic Expressions

Grade 5, Lesson 30
Evaluate, Write, and 
Interpret Expressions

Grade 5, Lesson 7
Understand Powers of 10

Grade 5, Lesson 30
Evaluate, Write, and 
Interpret Expressions

Grade 5, Lesson 33
Analyze Patterns 
and Relationships

Grade 6, Lesson 2
Find the Area of Triangles and 
Other Polygons

Grade 4, Lesson 16
Find Perimeter and Area

Grade 4, Lesson 16
Find Perimeter and Area

Grade 5, Lesson 20
Multiply Fractions to Find Area

Grade 6, Lesson 1
Find the Area of a Parallelogram

Grade 5, Lesson 20
Multiply Fractions to Find Area

Grade 4, Lesson 16
Find Perimeter and Area

Grade 3, Lesson 32
Area and Perimeter of Shapes

Lesson 1 builds on.

Chart showing how each lesson in this unit builds upon previous lessons and prepares students for future lessons.

Lesson 2  builds on.

Lesson 6 builds on.

Lesson 5 builds on.

Lesson 3  builds on.

Lesson 4  builds on.

4.MD.3
6.G.1

5.OA.35.OA.1, 5.OA.2

6.EE.2.a, 6.EE.2.b, 6.EE.2.c,  6.EE.6
5.OA.1, 5.OA.2

5.NBT.2

3.OA.4, 3.OA.7 4.OA.4
5.OA.1, 5.OA.2

4.MD.3 5.NF.4.b 6.G.1

5.NF.4.b4.MD.33.MD.8
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UNIT 1

Lesson Progression

Which lessons are students preparing for?In this unit . . .

Grade 7, Lesson 15
Write Equivalent Expressions 
Involving Rational Numbers

Grade 8, Lesson 22
Work with Scientific Notation

Grade 7, Lesson 16
Understand Reasons for 
Rewriting Expressions

Grade 7, Lesson 26
Solve Problems Involving Volume

Grade 8, Lesson 28
Solve Problems with Volumes of 
Cylinders, Cones, and Spheres

Grade 7, Lesson 6
Solve Area and Circumference 
Problems Involving Circles

Grade 6, Lesson 19
Write and Identify 
Equivalent Expressions

Grade 8, Lesson 20
Apply Exponent Properties for 
All Integer Exponents

Grade 6, Lesson 19
Write and Identify 
Equivalent Expressions

Grade 7, Lesson 25
Solve Problems Involving Area 
and Surface Area

Grade 7, Lesson 6
Solve Area and Circumference 
Problems Involving Circles

Grade 6, Lesson 2
Find the Area of Triangles and 
Other Polygons

Lesson 6
Find Greatest Common Factor 
and Least Common Multiple

Lesson 5
Write and Evaluate Expressions 
with Exponents

Lesson 4
Work with Algebraic Expressions

Lesson 3
Use Nets to Find Surface Area

Lesson 2
Find the Area of Triangles and 
Other Polygons

Lesson 1
Find the Area of a Parallelogram

Lesson 1  prepares students for.

Lesson 2  prepares students for.

Lesson 3  prepares students for.

Lesson 4  prepares students for.

Lesson 5  prepares students for.

Lesson 6  prepares students for.

6.G.4
7.G.6

7.G.6

7.EE.2
6.EE.2.a, 6.EE.2.b, 6.EE.2.c, 6.EE.6

6.NS.4, 6.EE.3, 6.EE.4

8.EE.4
8.EE.16.EE.1, 6.EE.2.c

6.NS.4 6.NS.4, 6.EE.3, 6.EE.4 7.EE.1

6.G.1 7.G.4 8.G.9

7.G.46.G.1
6.G.1

iRCM06_CA_TG_U01_LP.indd   8iRCM06_CA_TG_U01_LP.indd   8 5/16/2024   6:25:33 PM5/16/2024   6:25:33 PM

Professional Learning
Each unit provides a different 
professional learning article 
with guidance and support 
for teachers. 
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UNIT 2

Professional Learning

Use with Session 1 Connect It

©Curriculum Associates, LLC Copying is not permitted. 510aLesson 23 Find Equivalent Fractions

Connect to Language Development
	➤ For English learners, use the Differentiation chart to plan and prepare for specific activities in every session.

Protocols for Engagement Where in Lesson Validates

Buddy Read 
During the Three Reads routine, the teacher reads the first 
time and students read, taking turns with a partner, the 
second and third times. 

Session 1 Try It: Make Sense of the 
Problem

collective success, social interaction 

Pass It On 
Students call on each other to answer a question or prompt, 
adding on or respectfully critiquing one another’s responses. 
A soft object can be tossed to “pass it on.” 

Session 2 Connect It: Facilitate Whole 
Class Discussion

collective success, spontaneity, 
connectedness 

Quick Write/Quick Draw 
Students individually make notes or sketches before 
beginning a partner or whole-class discussion. 

Session 3 Discuss It: Support Partner 
Discussion

individualism 

Connect to Culture
	➤ Use these activities to connect with and leverage the diverse backgrounds and experiences of all students. 

Engage students in sharing what they know about contexts before you add the information given here.

Session 2 Use with Apply It problem 4.

Ask students what other food they could make with leftovers from 
their favorite meal. Tell them that bubble and squeak is a British meal 
that is made from vegetables or meat that are left over from a 
previous meal. It usually includes mashed potatoes and onion, along 
with vegetables and meat. Since the recipe uses whatever you 
happen to have, the meal may be different every time it is made. As 
the food cooks it bubbles and makes a squeak sound.

Session 1 Use with Try It.

Ask students to think of their favorite food. Then take an informal poll 
about the different foods. Tell students that moussaka (moo sah KAH) 
is a  Greek dish. It is made from sliced eggplant and layers of meat, 
usually lamb or beef. Sometimes it also has layers of potatoes or 
zucchini. A layer of sauce is placed on top. Sometimes cheese, 
parsley, or other toppings are added. The word moussaka may have 
come from the Arabic word for chop.

  ELD.PI.3.8 Analyzing language choices, ELD.PI.3.10b Writing

Support students to respond to Connect It 
problem 1. Review the Try It problem as a class. 
Support students in understanding the phrase 
other than by asking: When I ask what you would 
like for lunch, other than a sandwich, what do I 
mean? Have students work with partners to draw 
a model of the problem. Have them use words 
and phrases in English or their home language 
to explain their models to their partner. Provide 
work time, then have students explain in writing. 
Provide sentence frames to support students:

•    1 ·· 2    names the part of the moussaka    .

• Another fraction that names the part is    .
• I know because    . 

Support students to respond to Connect It 
problem 1. Have partners review Try It. 
Encourage students to explain the meaning of 

the phrase other than    1 ·· 2    . If needed, suggest that 

phrases such as as well as or in addition to have 

similar meanings. Have partners draw a model of 
the problem. Encourage them to use phrases 
and short sentences to label and explain models, 
and home language to support communication. 
Support students to explain in writing using:

•    1 ·· 2    names    .

• Another fraction that names the part is    .
• Since    of the moussaka has parsley, that 

means    parts have parsley.

Support students to respond to Connect It 
problem 1. Encourage them to review the Try It 
problem and discuss with partners. Invite 
students to discuss in their home language to 
explore the meaning of other than. Have partners 
draw a model and label of the problem and 
explain their models. Provide work time, then 
have students explain in writing. Encourage 
students to use other than in their explanations. 
If needed, provide sentence frames:
• A fraction other than    is    .
• This fraction is    because    .

Have partners compare solutions with other 
partners. Encourage them to evaluate ideas and 
provide feedback. 

Emerging: Reading/Writing Expanding: Reading/Writing Bridging: Reading/Writing

DIFFERENTIATION | ENGLISH LEARNERS Use with Session 1 Connect It

Below are the five principles for creating effective 
second language acquisition-rich learning 
environments based on evidence-based practice.  
(Erben, Castaneda, and Ban, 2008)

Principle 1
Give English Learners (ELs) many opportunities to 
read, write, listen to, and discuss a variety of oral and 
written English and mathematics texts.

Classroom practices that have been found to improve 
academic literacy development include:
• modeling reading comprehension through  

think-alouds
• giving explicit strategy instruction in context
• providing instruction to help students read and 

write mathematics
• providing mathematics assignments that require 

students to read and write
• providing more opportunities for ELs to use  

the language of mathematics as they process  
new information

Principle 2
Draw attention to patterns of English and 
mathematics language structure.
• ELs need explicit exposure and instruction  

related to the language structures of English (both 
grammar and vocabulary use) and mathematics. 

Principle 3
Give ELs classroom time to use their English 
productively while learning mathematics.
• When ELs are engaged in talk, they make 

communication modifications that help language 
become more comprehensible.

Principle 4
Give ELs opportunities to adjust and correct their 
English while learning mathematics.
• Use revoicing to demonstrate language use.
• Request clarification.
• Provide metalinguistic clues.
• Provide repetition.

Principle 5
Construct activities that maximize opportunities for 
ELs to interact with others in English. 
• Engagement during instruction is the  

key to academic success; vary the types of 
instructional tasks.

• Provide students with sentence frames and 
questions that provide opportunities for rich and 
rigorous discussions with English-speaking peers.

English Learners: Differentiated Instruction
For ELs, use the Differentiated Instruction charts in 
the Teacher’s Guide to plan and prepare for specific 
activities in every session. Differentiation is 
appropriately aligned to levels of English language 
proficiency and the language domains of listening, 
speaking, reading, and writing.

The Process of English Language Learning and 
What to Expect
Adapted from Teaching Mathematics to English Language Learners, coauthored by Dr. Gladis Kersaint

Gladis Kersaint, Ph.D.
Dr. Kersaint is the Dean of 
the Neag School of 
Education at the 
University of Connecticut 
and a respected scholar in 
mathematics education 
whose research focuses 
on equity, mathematical 
discourse, and effective 
teaching and learning of 
at-risk students.
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Math Background
Review the Mathematical Models 
and Strategies used in the unit to 
better understand how models fit 
into the learning progression. 

©Curriculum Associates, LLC Copying is not permitted.147m UNIT 2 Math Background Decimals and Fractions

UNIT 2

Decimals and Fractions

2.200 
1 3.985

6.185 

1
write zeros to align 

by place value

Watch the video   
See the flow and progression of math concepts in 
this unit come to life with tips and insights on using 
models and making connections.

UNIT FLOW

PROGRESSION

AND

Base-Ten Operations, Division with Fractions, and Volume

Models, Progressions, and Teaching Tips

As you plan lessons, use this information to unpack the learning 
progressions and make connections between key concepts.

Unit Themes
The major themes of this unit are:

•  Knowing about place value and 
operations with whole numbers 
will help you understand how to 
add, subtract, multiply, and divide 
with decimals.

•  You can use what you know about area 
models and partial quotients to make 
sense of an algorithm for dividing  
whole numbers and decimals.

•  Division of fractions and mixed  
numbers can be thought of as forming 
equal groups to find the number or 
size of the groups. Knowing about the 
relationship between multiplication  
and division will help you divide 
with fractions.

Prior Knowledge
Students will build on prior  
understandings of whole-number, 
decimal, and fraction operations.

Students should:

•  understand whole-number and 
decimal place value.

•  be able to compute with decimals 
to the hundredths place.

•  understand the relationship between 
multiplication and division.

•  be able to add, subtract, and multiply 
with fractions and to divide whole 
numbers and unit fractions.

•  be able to find the volume of a right 
rectangular prism with whole-number 
edge lengths. 

Addition and Subtraction of Decimals
INSIGHTS ON . . .

Adding and  
Subtracting Decimals

 ✔  To add and subtract decimals to thousandths, 
students build on place-value strategies they 
used in Grade 5, moving toward fluency with the 
standard algorithm in Grade 6.

 ✔  Using precise language helps students connect  
the conceptual meaning of place value to the 
words used to name decimal numbers.

EXAMPLE Read the number 2.2 aloud as two  
and two tenths rather than two point two.

Students add and subtract decimals using 
standard algorithms.

6.185 
2 2.200

3.985 

5 11

iRCM06_CA_TG_U02_MB.indd   13iRCM06_CA_TG_U02_MB.indd   13 5/16/2024   3:32:53 PM5/16/2024   3:32:53 PM

©Curriculum Associates, LLC Copying is not permitted. 147nUNIT 2 Math Background Decimals and Fractions

UNIT 2

Math Background

Multiplication of Decimals
INSIGHTS ON . . .

Multiplying Decimals
 ✔  When multiplying decimals, students use both 

decimal and fractional forms of the factors to 
make sense of the placement of the decimal 
point in the product.

 ✔  Students’ experience with multiplying powers of 
10 helps them make sense of place value in 
decimal multiplication.

EXAMPLE Since 10 3 100 5 1,000 and  

   1 ·· 10    3    1 ··· 100    5    1 ····· 1,000    , it makes sense that 

 0.1 3 0.01 5 0.001.

 ✔  Rather than simply teaching students to 
memorize a rule for placing the decimal point in 
a product, teach them to use estimation.

EXAMPLE 0.263 is close to 0.25, or    1 ·· 4    , and  

4.2 is close to 4. So, 0.263 3 4.2 is close to  

   1 ·· 4    3 4, or 1.

 ✔  Common Misconception Students may assume 
that when they multiply, the product will always 
be greater than the factors. It can be helpful to 
remind them of the meaning of multiplication. 
For example, 0.001 3 0.2 means one thousandth 
of two tenths, or one very small part of 0.2.

Students use the 
relationship between decimals and fractions 

to understand decimal multiplication . . .

. . . and find that multiplying decimals is a lot like 
multiplying whole numbers.

0.263 3 4.2 5 263 thousandths 3 42 tenths

5    263 ······ 1,000    3    42 ··· 10   

5    263 3 42 ·········· 1,000 3 10   

5    11,046 ······· 10,000     

5 1.1046

 thousandths
 tenths

0.263 
3         4.2

526 
1   10 520

1.1 046

thousandths 3 tenths 
5 ten-thousandths

Decimals
263 

3         42
526 

1 10 520
11,046

Whole Numbers
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Empowering Families to Support 
Students at Home
Give families the resources at home to extend learning beyond the classroom. 

Resources to Help Teachers Engage Families 
Find resources on Success Central that make family 
communication easier, including: 

•	 Introduction Letter: Introduce families to the curriculum. 

•	 Family Night Presentation: Give families an overview of 
the program.

1 2

Bookshelf My Book My Notes My Videos Family Resources

Front of BookC

Unit 1
Lesson: 1 - 5

1

Unit Opener

Build Your Vocabulary

Lesson 17

Lesson 18

Lesson 19

Lesson 20

Lesson 21

Lesson 22

Lesson 23

Lesson 24

Lesson 25

Lesson 26

Lesson 27

Lesson 28

Lesson 29

Self Reflection

Math in Action

Unit Review

Vocabulary

Unit 2
Lesson: 6 - 10

2

Unit 3
Lesson: 11 - 16

Unit 4
Lesson: 17 - 29

3

4

Lesson 20 Add and Subtract Fractions412

ACTIVITY  AddING and SubtracTING FractioNs
Do this activity with your child to add and subtract fractions.

Materials bowl, measuring cup, ingredients shown in the recipe

Follow the recipe below to make a creamy cracker spread or veggie dip. 

Creamy Spread
Ingredients

  5 ·· 8
    cup cream cheese

  2 ·· 8
    cup sour cream

herbs

crackers or veggies

Directions
Mix the cream cheese, sour cream,  
and herbs together in a medium  
bowl. Serve immediately with crackers  
or sliced fresh veggies. Enjoy!

After you have made the spread, ask your child  
questions such as these:

1. What fraction of a cup is the total amount of spread? 

2. If you spread    1 ·· 8    of a cup on crackers or veggies,  
how much spread is left? 

Make up a simple recipe using fractions for  
someone else in the family to make!

©Curriculum Associates, LLC Copying is not permitted.
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Explore Adding and Subtracting Fractions
LESSON 20

Previously, you learned that adding 
fractions is similar to adding whole 
numbers. Use what you know to try to 
solve the problem below.

Aisha, Rosalind, and Cristobal 
share a pack of 12 cards. Aisha 
gets 4 cards, Rosalind gets 3 cards, 
and Cristobal gets the rest of the 
cards. What fraction of the pack 
does Cristobal get?

TRY IT  Math Toolkit
• counters
• fraction circles
• fraction tiles
• fraction bars
• number lines
• fraction models

SESSION 1 

DISCUSS IT
Ask your partner: Why did  
you choose that strategy?

Tell your partner: At first, 
I thought . . .

Learning Targets SMP 1, SMP 2, SMP 3, SMP 4, SMP 5, SMP 6, SMP 7
• Add fractions with the same denominator.
• Subtract fractions with the same denominator.
• Write a fraction as a sum in more than one way.

TOOLS

Fraction Models 
Tool

Multiplication 
Models Tool

©Curriculum Associates, LLC Copying is not permitted.

LESSON 16 Use Unit Rates to Solve Problems
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LESSON 16 | USE UNIT RATES TO SOLVE PROBLEMSActivity Exploring Unit Rates
	➤ Do this activity together to explore patterns 
in unit rates.

Each table below represents a ratio and 
two unit rates. 

What patterns do you notice in each table?

What patterns do you notice 
between all three tables?

Miles Minutes
8

2
4

1

1
   1 ··  4   

TABLE 1

Pounds Dollars
4

2
2

1

1
   1 ·· 2   

TABLE 2

Inches Hours
5

2
   5 ·· 2   

1

1
   2 ·· 5   

TABLE 3

The peregrine falcon, one of the world’s fastest birds, 

has been known to fly at a speed of 4 miles per minute.

©Curriculum Associates, LLC Copying is not permitted. LESSON 16 Use Unit Rates to Solve Problems

Learning 
Games

Match

Pizza

Cupcake

LESSON

357

Dear Family,
This week your student is learning how to solve problems that involve rates. 
Using unit rates can help you find equivalent ratios or compare ratios. 

For example, a pastry recipe uses 
3 cups of flour for every 6 servings. 
Suppose you have 4 cups of flour. 
Dividing 6 by 3 finds the number 
of servings you can make per cup, 
or the unit rate. Then, multiply the 
unit rate by 4 to find that you can 
make 8 servings.

Your student will be learning how to 
solve problems like the one below.

City A receives 21 inches of snow in 12 hours. City B receives 27 inches of 
snow in 15 hours. Which city has a heavier snowfall rate?

	➤ ONE WAY to find and compare rates is to use tables of equivalent ratios. 

Divide to find the unit rate for inches of snow in 1 hour for each city.

 

City A

Inches Hours

21 12

1.75 1

City B

Inches Hours

27 15

1.8 1
4 12 4 154 12 4 15

	➤ ANOTHER WAY is to use equations to find the unit rates.

Inches per hour for City A

   21 ·· 12    5 21 4 12 5 1.75inches
hours

Inches per hour for City B

   27 ·· 15    5 27 4 15 5 1.8inches
hours

Since 1.8 . 1.75, City B receives more snow per hour than City A. 

Using either method, City B has the heavier snowfall rate. 
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Use the next page to start a 
conversation about unit rates.

16

0Servings 6 8

0Cups 4

4 3
3 4

4 3
3 4

2

31

Unit Flow & Progression VideosFamily Letters

•	 The Family Resources tab on the 
Student Bookshelf, where online access 
for student resources can be found, 
has Family Letters in nine languages 
for every lesson that describe the 
mathematics being learned in family-
friendly terms and offer an activity 
related to the lesson. 

•	 The Unit Flow & Progression Videos 
help families support their student with 
the ideas and concepts taught in the 
curriculum. Closed captioning is available 
in English and Spanish.

Support Website 
Dedicated to Families 
The Family Center, available 

in English and Spanish, helps 
families explore the program 

and provide support at home.
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Teacher Components

Teacher Digital Experience includes:
Teacher Toolbox
•	 Interactive Tutorials E/S

•	 Desmos Quick Connects 

•	 Presentation slides E/S

•	 Fluency and Skills Practice** E/S

•	 Math Center Activities E/S

•	 Tools for Instruction E/S

•	 Enrichment Activities E/S

•	 Print assessment resources E/S

•	 Assessment Practice Book E/S  
(also available in print)

•	 Unit Flow & Progression Videos*

•	 Literacy Connections E/S

•	 Learning Games and Unit Games E/S

•	 Data Investigations E/S

•	 Digital Tools powered by Desmos E/S

Interactive Practice and Report E/S

•	 Assignable online practice 
provides students with 
immediate, meaningful 
feedback.

•	 Report shows student 
performance.

Comprehension Checks 
and Reports E/S

•	 Save time with these assignable, 
auto-graded assessments 
comparable to the print Lesson 
Quizzes, Mid-Unit Assessments, 
and Unit Assessments.

•	 Use the data in the reports to 
determine the next steps for 
differentiation.

Grade-Level Planning 
(Prerequisites) Report

Use the data and resources outlined 
in the Grade-Level Planning 
(Prerequisites) report to address 
unfinished learning, either during 
small group instruction or whole 
class instruction, depending on 
the needs of the class.

Teacher’s Guide E/S

Two volumes include discourse-
based instructional support, math 
background, and embedded 
professional learning.

Anytime Professional Learning
Success Central, the implementation 
support site, provides:

Learning Games Reports
•	 Identify playtime breakdown  

for each game for a selected  
time interval.

•	 See a real-time snapshot of 
performance on the standards.

•	 Track students’ choices with 
respect to content that is 
challenging for them:

- Growth Mindset
- Confidence

- Productive Strategy
- Self-Regulation

•	 Training videos
•	 Planning tools
•	 Implementation tips

•	 Whitepapers
•	 Discourse support E/S

•	 Digital courses
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We think these resources will be especially useful to you at this point in the school year.

Featured Topics

Questions That Promote 
Mathematical Discourse—List

Use these 100 questions to prompt 
students to collaborate, reason, and 
persevere during math discussions. 

K–8

Try–Discuss–Connect Framework
—Poster (English and Spanish)

Display this poster to guide students 
through each step of Try–Discuss– 
Connect.

K–8

Pacing Calendar—Teacher Tool

Use this interactive planning 
template to map out assessment 
dates, milestones, and lesson pacing 
for the year.

K–8

When students walk into school feeling a sense of 
belonging, they can focus their efforts on learning. Create 
a supportive and inclusive environment that empowers 
students to take academic risks, connect with their peers, 
and grow into confident learners. 

Build a Community Where 
Students Thrive

Get Resources

Search Success Central
Explore All 
Resources

Discourse Cards
Questions and sentence 
starters prompt meaningful 
mathematics conversations. 

Volumes 
1 and 2

       = Available in English and Spanish 
*Closed captioned in English and Spanish 
**Fluency and Skills Practice available as a student workbook for additional purchase

E/S

E/S
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Student Components

Student Digital Experience includes:

Student Bookshelf E/S

This component provides online 
access to the Student Worktext 
along with many additional digital 
features that make it easy to 
navigate and personalize learning:

•	 Note-taking
•	 Text-to-speech
•	 Highlighting
•	 Calculator
•	 Multilingual Glossary

Learning Games E/S

Interactive Learning Games help 
students gain a rich conceptual 
understanding of mathematics 
concepts, improve fluency, and 
develop a positive relationship 
to challenge.

Desmos Quick Connects 
A full suite of Digital Math Tools 
powered by Desmos allows students 
to explore mathematical concepts 
using multiple models.

Student Worktext E/S

Students take ownership of their 
learning as they work through 
rich tasks and practice new skills 
in each lesson.

Fluency and Skills  
Practice Book E/S

Targeted practice that uses patterns 
and repeated reasoning. Available 
on Teacher Toolbox as PDFs and 
editable files assignable to any LMS, 
including Google Classroom.

Hands-On Materials E/S

Classroom Manipulative 
Kits and Individual Student 
Manipulative Bags are available.

Interactive Digital Practice E/S

This assignable, digital resource 
provides practice that reinforces 
understanding. Students receive 
immediate, meaningful feedback 
to keep them on track.

Volumes 
1 and 2

       = Available in English and Spanish 
*Closed captioned in English and Spanish
E/S

Family Resources
•	 Family Letter for every lesson E/S

•	 Unit Flow & Progression Videos*



© 2025 Curriculum Associates, LLC. All rights reserved. | 11/25 3.5K | 327503432     

Learn More at 
ClassroomMathematicsCalifornia.com

© 2024 Curriculum Associates, LLC.  
All rights reserved. | 11/25 3.5K | 3275034

Classroom Mathematics California is rooted in a 
history of success. It is built on the foundation of 

i-Ready Classroom Mathematics ©2024 Edition,  
which earned perfect scores on EdReports.  

This history, combined with capturing the vision 
of the California framework, ensures high-quality 

instructional materials for California students.

https://info.curriculumassociates.com/classroom-math-california-6-8-brochure 



